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Introduction

The Standard Model of particles physics (SM) is the current framework that describes
particles and their interactions (the electromagnetic, weak and strong forces, with the
gravitational force being excluded). It is verified with high precision for most processes
involving elementary particles. All particles foreseen by the SM have been discovered.

The top quark is the most massive fundamental particle in the SM, with a mass of
mt ≈ 173 GeV/c2. It belongs to the third generation of quarks and, together with the
bottom quark, to the corresponding weak-isospin doublet. The top quark has an unique
phenomenology: it is the only quark that can be observed outside of bound states, as it
decays to visible final states with a W boson and a down-type quark. In addition its decay
products allow to measure the top quark features, like the mass or the spin information.
The top quark is a gateway to measure some of the fundamental parameters of the SM,
among which there are some of the Cabibbo-Kobayashi-Maskawa (CKM) matrix elements.
Such matrix does allow quark families to transform into each other. The top-related CKM
matrix elements, |Vtb|, |Vts| and |Vtd|, can be indirectly constrained from experiments in the
B and K meson sectors, but those determinations rely crucially on model assumptions such
as the existence of only three generations of quarks and the absence of particles beyond the
SM in the loops.
The measured value of |Vtb| (∼ 0.999) when applying the standard model constraints is
much larger than the |Vts| and |Vtd| ones (∼ 0.041 and ∼ 0.009 respectively). This leads to a
strong suppression of processes involving the mixing between the third quark generation
with the other two. The study of the top-quark production and decay allows to directly
measure the CKM matrix elements |Vtq|, with q being a d, s or b quark.

The Large Hadron Collider is a circular proton-proton (pp) accelerator designed to reach
a luminosity of 1034 cm−2s−1 and a center-of-mass energy of

√
s = 14 TeV. It has been built

in order to probe the SM and to search for clues of Beyond Standard Model (BSM) physics
processes at its operating energy scale.
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At LHC, top quarks are produced in proton-proton collisions through strong interaction,
via gluon fusion that leads to tt pair production, and through the electroweak interaction,
where the leading mechanism is the production of a single top quark through the exchange
of a W boson between a sea quark and a valence quark in the t-channel. The dominant decay
process for top quarks is to a W boson and a b quark, via an electroweak charged-current
interaction.

In order to directly measure the CKM matrix element |Vtb|, two complementary ap-
proaches have been pursued, so far, by Tevatron and LHC experiments: measuring the
branching fraction B(t → Wb) in tt events, or exploiting the cross section of single-top-quark
electroweak production. The former is sensitive to the CKM through the decay of top quarks,
and is reliant on the unitarity hypothesis of the CKM matrix.
The method based on single-top-quark production, explored in this thesis, is less dependent
on model assumptions, and allows the study of the top-quark coupling with the other quarks
through the tWq vertex, with q being b, s or d quark, both in production and in decay, and
with a reduced combinatorial background with respect to the tt channel. To disentangle the
effects at the production and decay vertices, in past measurements from both Tevatron and
LHC, |Vtb| was extracted in the t-channel under the assumption that the values of |Vts| and
|Vtd| are negligible, obtaining a global average of |Vtb|= 1.019 ± 0.025 [1]. Nevertheless, if
one considers |Vtd| and |Vts| too, a direct measurement of all the top quark related CKM
matrix elements can be performed in this channel.

This thesis aims at a direct and model independent measurement of |Vtb|, |Vts| and
|Vtd|, by considering their respective contributions to t-channel production and top-quark
decay. Three different signal processes are considered: the first one where |Vtb| element is
involved in both production and decay, and other two where a |Vts| or a |Vtd| element is
involved either in production or decay. The processes with the |Vts| or |Vtd| elements both
in production and in decay are not considered since they are highly suppressed.

The Compact Muon Solenoid (CMS) is one of the four main experiments hosted at LHC.
It is a general-purpose detector, that has a broad physics programme ranging from studying
the Standard Model to searching Beyond Standard Model physics.

This analysis is performed on LHC data collected during 2016 at the CMS experiment, at
a centre-of-mass energy of 13 TeV, corresponding to an integrated luminosity of 35.92 fb−1;
the selected events are required to have one muon and two or three jets, one of which must
pass the b-tagging requirement, i.e. it is identified as coming from a b quark, in the final
state. Both the signals and the main background sources are simulated with the state-of-art
simulation techniques too.

For each event, jets are sorted according to the probability to be coming from a top
quark decay. A first approach to classify the jets exploits a likelihood ratio built from the 2D
distributions (extracted from the simulated samples) of the variables that operate the best
discrimination between the jets coming and not coming from top-quark decay. This is then
compared with a more complex approach, based on different machine learning techniques
(Boosted Decision Trees and Artificial Neural Network), that exploits information from many
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variables in order to gain a better discrimination power. The classifier output quantifies the
probability for each jet to come from a top-quark decay; the most powerful classifier is then
chosen to sort the jets.
Three signal enriched regions are defined, according to their sensitivity to the different
processes. A simultaneous maximum-likelihood fit to data is then performed in all the
regions. The variables chosen for the fit in the signal regions are the outputs of a machine-
learning algorithm, trained specifically for the events that have the |Vtd| in production or
the |Vtq|, where q stays for d or s, in decay.

This is the first time a top-tagging approach based on a multi-variate classifier is applied
in this type of measurement, allowing a dedicated |Vtd| enriched sample to be defined.

This thesis is organized in five chapters. Chapter 1 gives a brief introduction to the SM
and the particles representation. In Chapter 2 the LHC accelerator and the CMS detector are
described. The events selection and categorization are described in Chapter 3. Chapter 4
presents the different methods used for the jet ordering and their comparisons. Finally, in
Chapter 5 are described the statistical methods adopted for the analysis and the results.
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1
The top quark in the SM

1.1. The Standard Model of particle physics

The Standard Model (SM) of particle physics is a renormalizable quantum field theory that
describes three out of the four fundamental interactions: the strong, the electromagnetic
and the weak forces. The SM provides currently the best representation of fundamental
particle physics, describing relativistic particles in terms of quantum fields. In a first instance,
for the standard model to respect locality and to be Lorentz-invariant, i.e. it must be
invariant under the combination of charge, parity, and time reversal symmetry (C, P, and
T). The properties of fundamental interactions are successfully described by imposing
additional, local symmetries to the lagrangian, according to the so-called gauge principle.
In particular, the SM requires the lagrangian to be invariant under the non-abelian group
of symmetry SU(3)C ⊗ SU(2)L ⊗ U(1)Y, where the letters "C", "L", and "Y" stand for colour
charge, left-handed chirality and hypercharge, resepctively. SU(2)L ⊗U(1)Y is the symmetry
of electroweak interactions, as in the Glashow-Weinberg-Salam theory [2, 3, 4]. Finally, the
spontaneous symmetry breaking mechanism allows to attribute a different mass to each
particle in the standard model.

1.1.1 Particle representation in the SM
Particles are divided in two main categories: fermions are half-integer spin particles, which
obey to the Fermi-Dirac statistics, and bosons are integer spin particles, which obey to the
Bose-Einstein statistics.

There are three generations of fermions. Each fermion has an antiparticle, with opposite
quantum numbers but same mass.
For each fermion generation there are five representations of the SU(3)c ⊗ SU(2)L ⊗ U(1)Y
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1.1. THE STANDARD MODEL OF PARTICLE PHYSICS

group:

QL,i =

(
uL,i

dL,i

)
, uR,i, dR,i,

LL,i =

(
νL,i

`L,i

)
, `R,i,

where i is the generation index, L and R refer the chirality (left-handed and right-handed,
respectively). It is possible to classify the chiral component for the fermion fields, corre-
sponding to:

• left-handed particles (QL,i, LL,i) organize in SU(2)L doublets and interact via weak
force, with W i bosons;

• right-handed particles are SU(2)L singlets and do not interact with W i bosons.

Quarks (QL,i, uR,i, dR,i) are SU(3)C triplets and therefore interact via strong force, with
gluons. Leptons (LL,i, `R,i) are SU(3)C singlets, so they do not interact via strong force. The
three quarks and leptons generation are listed in aTab. 1.1. It is important to notice that
right-handed neutrinos do not interact at all since they do not have any charge, thus the
neutrino right-handed singlet is omitted.

Generation Lepton Lepton Mass Lepton Charge[e] Quark Quark Mass Quark Charge [e]

first

(
νe

e

)
< 225 eV/c2

0.511 MeV/c2
0
−1

(
u
d

)
2.16 MeV
4.67 MeV

+2/3
−1/3

second

(
νµ

µ

)
< 0.19 MeV/c2

0.106 GeV/c2
0
−1

(
c
s

)
93 MeV

1.27 GeV
+2/3
−1/3

third

(
ντ

τ

)
< 18.2 MeV/c2

1776.82 MeV/c2
0
−1

(
c
s

)
4.18 GeV
172.9 GeV

+2/3
−1/3

Table 1.1: Lepton and quark generations and their properties. The neutrino mass limits are at
90%C.L..

Fermions interactions can be described as the exchange of a integer-spin particle, a boson,
that is the mediator of the interaction. From each of the group generators in the SM arises a
vectorial field multiplet, whose components physically represent the interaction mediators,
spin 1 bosons, that are listed in Tab. 1.2.

Section 1.1.2 describes the correspondence between the physical bosons with vectorial
fields arising from the interactions term in the lagrangian density.

1.1.2 The SM lagrangian symmetries
A particle, represented by a field, is required to be invariant under a local phase trans-
formation of this group of symmetry. The free lagrangian density for the generic spinor
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1.1. THE STANDARD MODEL OF PARTICLE PHYSICS

Interaction Mediator(s) Spin Charge

Electromagnetic photon γ 1 0

Strong 8 gluons g 1 0

Weak
Positive charged W

Negative charged W
Neutral

W+

W−

Z0

1
1
1

+1
−1
0

Table 1.2: Lepton and quark generations.

represented by the ψ Dirac field can be written as follows:

L f ree = iψ̄γµ∂µψ − mψ̄ψ. (1.1)

By imposing the theory to be invariant under local transformations of this group leads
to interaction terms arising in the lagrangian density which physically correspond to the
interaction with the mediator bosons; there is a boson gauge field for each of the group
generator.

Quantum Electrodynamics The free lagrangian density in Eq. 1.1 is not invariant under a
local phase transformation.
The electromagnetic interaction can be derived by imposing the requirement of invariance
under U(1)em to a given field ψ:

ψ → ψ′ = eiqθ(x), (1.2)

where the parameter θ is a function of the coordinate in the space-time. This is a transforma-
tion under the symmetry group U(1). By requiring this invariance, in the lagrangian density
appears an interaction term:

LQED = iψ̄γµ(∂µ + iqAµ)ψ − mψ̄ψ − 1
4

FµνFµν,

where the last term represents lagrangian density for the electromagnetic field and Fµν =

∂µ Aν − ∂ν Aµ is the electromagnetic tensor field. This is invariant under the transformation
in Eq. 1.2 since the gauge field Aµ is invariant under the following transformation:

Aµ → A′
µ = Aµ − ∂µθ(x).

The Aµ fields physically represents the photon, the mediator boson of the electromagnetic
force.
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1.1. THE STANDARD MODEL OF PARTICLE PHYSICS

Quantum Chromodynamics The strong interaction between quarks arises by imposing
the requirement of invariance under SU(3)c to a given field ψ:

ψ → ψ′ = eigs~θ(x)·~T, (1.3)

where ~θ(x) are eight function of the 4-position in the space-time x, gs is the coupling constant
and ~T = Tα are:

Tα =
1
2

λα, (1.4)

where λa are 3× 3 Gell-Mann matrices, the SU(3)c generators in the standard representation.
By requiring the invariance under the transformation of the field in Eq. 1.3, in the lagrangian
density appears an interaction term:

LQCD = iψ̄γµ∂µψ − mψ̄ψ − igsψ̄γµλaψGa, µ −
1
4

Gµν
a Ga, µν,

where the last term represents lagrangian density for the strong field and:

Ga
µν = ∂µGa

ν − ∂νGa
µ − gs f abcGb

µGc
ν,

here, f abc are the structural constants of the group. This is invariant under the local phase
transformation if the gauge field Ga

µ is invariant under the following transformation:

Ga
µ → G′a

µ = Ga
µ − ∂µαa(x)− gs f abcαbGc

µ.

So there are eight gluon boson fields Gα linked to the SU(3)C generators.

Electro-weak interaction In 1961 Glashow, Salam and Weinberg developed an unified
theory for the weak and the electromagnetic forces, by requiring the local invariance under
the SU(2)L ⊗ U(1)Y symmetry group.

The lagrangian density that is invariant under the total group of symmetry SU(3)C ⊗
SU(2)L ⊗ U(1)Y can be written as follows:

Lkinetic = iψ̄γµDµψ,

where there is no mass term, since the one in the free lagrangian density in Eq. 1.1 is not
invariant. Dµ is the standard derivative is replaced by the covariant derivative:

Dµ = ∂µ + igsGa
µTa + igWb

µ Ib + ig′BµY, (1.5)

where:

• Ta are the SU(3)C generators: Eq. 1.4 shows the Ta in the standard representation;
• Ib are SU(2)L generators, that in the standard representation are given by 1

2 σb, where
σb are 2 × 2 Pauli matrices;

• Y is the U(1)Y charge.

The three weak interaction boson fields, W i, linked to the SU(2)L generators, and the single
hypercharge boson field B, from the U(1)Y generator, do not correspond to physical observed
particles, W± and Z0. These ones will emerge after the spontaneous symmetry breaking.
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1.1. THE STANDARD MODEL OF PARTICLE PHYSICS

1.1.3 Spontaneous symmetry breaking
No mass terms for bosons arise in Eq. 1.1, neither after the requirements of the SM symmetry
group SU(3)C ⊗ SU(2)L ⊗ U(1)Y; nevertheless, weak bosons W± and Z0 are expermentally
found to have mass.

The way particles acquire mass is described by the Spontaneous Symmetry Breaking (SSB).
It introduces a scalar complex doublet fields φ:(

φ+

φ0

)
=

(
φ1 + iφ2

φ3 + iφ4

)
,

with a corresponding lagrangian density:

LHiggs = (Dµφ)†(Dµφ)− V(φ)

= (Dµφ)†(Dµφ)− 1
2

µ2(φ†φ)− 1
4

λ(φ†φ)2.
(1.6)

Dµ is the covariant derivative in Eq. 1.5, λ > 0 and µ2 < 0.
The minimum of V(φ) is not unique, so the choice of a particular minimum for φ leads to to
the spontaneous symmetry breaking of the gauge group:

〈φ〉 = 1√
2

(
0
v

)
, (1.7)

where v =
√

−µ2

λ . Developing the field around its Vacuum Expectation Value (VEV) v, it can
be written in the form:

φ =
1√
2

(
0

v + H(x)

)
, (1.8)

where H(x) is the neutral scalar field corresponding to the Higgs boson. By substituting Eq.
1.8 in Eq. 1.6 one obtains the expression of the lagrangian desity for H(x), the higgs field;
it contains mass terms for the electro-weak bosons W i, for the B boson and for the Higgs
boson H(x).
Finally, the physical bosons W± and Z0 acquire mass:

MW± =
1
2

gv,

MZ0 =
1
2

v
√

g2 + g′2 =
MW±

cos θW
,

where g and g′ are the coupling constants of W i and B, respectively, and θW is the Weinberg
angle.
The Aµ field, which represents the photon, is massless, such as the gluons.
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1.1. THE STANDARD MODEL OF PARTICLE PHYSICS

Fermion masses The fermion mass term introduced in Eq. 1.1

−mψ̄ψ = m (ψ̄LψR + ψ̄RψL)

is not invariant under SU(2)L ⊗ U(1)Y group because of the different behaviour of right-
handed and left-handed chiral components of the fields. An invariant mass term arises by
introducing the Yukawa coupling between ψ and Higgs fields:

LYukawa = −
(

gd
ijQ̄L,iφdR,j + gu

ijQ̄L,i(iσ2φ†)uR,j + g`ijL̄L,iφ`R,j

)
+ h.c. , (1.9)

where gu,d,`
ij are 3 × 3 complex matrices, i , j are generation indices. When φ acquires a

vacuum expectation value as in Eq. 1.7, from Eq. 1.9 arise mass terms for fermions:

Lmasses = −M`
ij

¯̀L,i`R,j − Md
ijd̄L,idR,j − Mu

ijūL,iuR,j,

where:
M`,d,u =

v√
2

g f `,d,u.

Mass eigenstates The physical observed states are obtained by diagonalizing M f
ij with

pairs of unitary matrices U f
L and U f

R such that:

U f
L M fU f ,†

L = M f ,

where M f is the diagonal mass matrix. In this way mass eigenstates are expressed as a
rotation of the weak interaction basis:

uL,α = (U u
L )α,iuL,i, uR,α = (U u

R)α,iuR,i,

dL,α = (U d
L)α,idL,i, dR,α = (U d

R)α,idR,i,

`L,α = (U `
L)α,i`L,i, `R,α = (U `

R)α,i`R,i,

νL,α = (U ν
L)α,iνL,i.

The pedices with greek letters indicate mass eigenstates, whereas the roman letter are weak
eigenstates pedices. In this basis the mass matrices are diagonal.

1.1.4 The CKM Matrix
Let’s consider the complete lagrangian density:

L = Lkinetic + LHiggs + LYukawa.

The charged current (CC) interaction term between quarks and W±
µ = 1√

2
(W1

µ ± iW2
µ) SU(2)

physical gauge bosons in terms of weak eigenstates is:

LCC = − g√
2

QL,iγ
µW+

µ QL,i

=
g√
2

uL,iγ
µW+

µ dL,i + h.c. .
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1.1. THE STANDARD MODEL OF PARTICLE PHYSICS

There are only the left-handed terms since W± preserve the SU(2)L symmetry, therefore they
only couple with left-handed particles (in spite of Z0 that, as a result of W3 and B mixing,
couples with right-handed chiral fields too). The same term can be expressed as function of
mass eigenstates:

LCC = − g√
2

uL,α(U u
L )α,iγ

µW+
µ (U u

L )
†
β,jdL,β + h.c.

= − g√
2

uL,α

[
U u

LU d †
L

]
αβ

γµW+
µ dL,β + h.c. .

(1.10)

The resulting matrix
Vαβ =

[
U u

LU d †
L

]
αβ

is a 3 × 3 unitary, not diagonal matrix, also known as the Cabibbo-Kobayashi-Maskawa
(CKM) matrix [5, 6]. Equation 1.10 can be written as:

LCC = − g√
2
(uL, cL, tL)γ

µW+
µ VCKM

dL

sL

bL

+ h.c. .

The weak interaction eigenstates are therefore linear combination of the mass ones, and the
transformation matrix is:

VCKM =

Vud Vus Vub

Vcd Vcs Vcb

Vtd Vts Vtb

 ,

Since this is a complex matrix, it can be written in terms of 2 × 32 = 18 real parameters. The
unitarity condition:

V†V = 1 (1.11)

adds 8 contraints, therefore reducing the number of free parameters to 9. Each of the six
quark fields is invariant under phase shifting. It is possible to define a common phase for all
of them, and the other parameters can be removed through a phase transformation without
altering the physics.
The number of parameters then is reduced to four.

Mixing in the lepton sector Among the seven U u,d,`,ν
L,R , only U u

L and U d
L have been consid-

ered, and they enter in the CKM matrix and rule quarks mixing and CP violation in CC
interactions.
Therefore, as in the quark sector, one can define a mixing matrix for left-handed neutrinos
and leptons. Nevertheless in standard model neutrinos are mass-less and U ν

L can be cho-
sen such that U ν

L = U `
L, hence the mixing matrix is now the unit. In the Standard Model

extension that allows neutrinos to have mass, the lepton mixing matrix VPMNS (known as
PontecorvoMakiNakagawaSakata matrix [7]) leads to mixing and CP violation in the lepton
interaction with W±.
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1.1. THE STANDARD MODEL OF PARTICLE PHYSICS

Standard parametrization In the standard parametrization, the CKM matrix parameters
are three rotation angles (θ12, θ23, θ13) ad a complex phase (δ) [8]:

VCKM =

1 0 0
0 c23 s23

0 −s23 c23


 c13 0 s13e−iδ

0 1 0
−s13eiδ 0 c13


c12 s12 0

−s12 c12 0
0 0 1


=

 c12c13 s12c13 s13e−iδ

−s12c23 − c12s23s13eiδ c12c23 − s12s23s13eiδ s23c13

c12s23 − c12c23s13eiδ −c12s23 − s12c23s13eiδ c23c13


,

where cij = cos θij, sij = sin θij. The three rotation angles can be chosen in the first quadrant,
such that:

sij, cij ≥ 0

With this parametrization the Vud, Vus, Vcb, and Vtb parameters do not have imaginary
component. The consequence of a non-zero phase factor in the mixing matrix is the CP-
Violation (CPV). The CP invariance implies V = V∗. It is experimentally known that the
diagonal elements’ modulus is numerically close to unity and the mixing angles satisfy the
hierarchy:

s13 � s23 � s12 � 1. (1.12)

Wolfenstein parametrization Another convenient parametrization of the CKM matrix is
due to Wolfenstein, where the hierarchy in Eq. 1.12 is more evident. The CKM matrix is
expressed in terms of four real parameters, λ, A, ρ, η, defined by the following expres-
sions [9]:

s12 = λ =
|Vus|√

|Vud|2 + |Vus|2
,

s23 = Aλ2 = λ|Vcb

Vus
|,

s13eiδ = Aλ3(ρ + iη).

The CKM matrix is written as an expansion in terms of λ:

VCKM '

 1 − λ2

2 λ Aλ3(ρ − iη)
−λ 1 − λ2

2 Aλ2

Aλ3(1 − ρ − iη) −Aλ2 1

+O(λ4).

One intuitive feature of this parametrisation is that the farther a parameter is from the
diagonal, the higher the power of λ is, thus giving the "hierarchy structure" of the matrix.
The SM does not provide any explanation to this structure. The η parameter is linked to the
CP-violating phase: if it was zero, the CKM matrix would be completely real.
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1.1. THE STANDARD MODEL OF PARTICLE PHYSICS

Figure 1.1: Unitarity triangle.

Unitarity triangles The Eq. 1.11 imposes the orthogonality among rows and columns,
resulting in:

∑
i

VijV∗
ik = δjk,

∑
i

VijV∗
kj = δik.

These relationship can be represented in the complex plane as unitarity triangles. The
most relevant unitarity triangle is given by the relationship:

VudV∗
ub + VcdV∗

cb + VtdV∗
tb = 0

divinding all the terms by VcdV∗
cb since it is the best experimentally known term, one gets:

VudV∗
ub

VcdV∗
cb

+ 1 +
VtdV∗

tb
VcdV∗

cb
= 0.

another alternative parametrization ρ and η is:

ρ + iη = −Vud

V∗
ub

VcdV∗
cb,

because with this definition, the vertices of the triangle are exactly (0, 0), (1, 0) and (ρ, η),
as it is shown in Fig. 1.1 In the Wolfenstein parametrization, the η parameter quantifies the
height of the unitarity triangle; if η = 0 the triangle becomes segments on the real axis.

Current experimental status The CKM matrix elements are fundamental parameters for
the standard model, so their determination is object of many experiments. Their precise
measurements can put strong constraints on Beyond Standard Model (BSM) theories. They
are measured through processes where the relevant quark couplings appear at tree level
process in order to directly extract the value of |Vij|. In many cases such processes are
suppressed or hard to measure, so they are indirectly measured by the products |VijVik|.
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1.1. THE STANDARD MODEL OF PARTICLE PHYSICS

A global fit on the SM parameters is performed in order to extract the elements of the
CKM matrix. In figure Fig. 1.2 are shown many measurements conveniently represented in
the ρ − η plane. The 95% CL regions overlap consistently around the global fit region. The
fit results for the Wolfenstein parameters gives1 [10]:

λ = 0.224747+0.000254
−0.000059, A = 0.8403+0.0060

−0.0201, ρ̄ = 0.1577+0.0096
−0.0074, η̄ = 0.3493+0.0095

−0.0071.

The fit results for the magnitudes of all nine CKM elements are [10]:

|VCKM| =

0.974410+0.000014
−0.000058 0.224745+0.000254

−0.000059 0.003746+0.000090
−0.000062

0.224608+0.000254
−0.000060 0.973526+0.000050

−0.000061 0.04240+0.00030
−0.00115

0.008710+0.000086
−0.000246 0.04169+0.00028

−0.00108 0.999093+0.000049
−0.000013

 .

Figure 1.2: Global fit to the SM parameters. The shaded areas have 95% CL [10].

1Here, the unitarity constraint is applied.
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1.2. THE TOP QUARK

1.2. The Top quark

The top quark was discovered by the DØ and CDF experiments at the Fermilab Tevatron pp
collider [11]. After the Higgs discovery in 2012, this is one of the most recent SM proof, and
gives a powerful confirmation to the three-generation structure of fermions.

Together with the bottom quark, the top quark belongs to the third quark generation,
and to the corresponding weak-isospin doublet. It is the heaviest elementary particle in the
SM, with a mass of approximately 173 GeV/c2. Such a high mass value for a fundamental
fermion drives a peculiar phenomenlogy for the top quark:

• it is the only quark with a Yukawa coupling value of unity order: according to the
description of the origin of fermion masses provided by the SM (see Sec. 1.1.3), the
quark mass values are related to the strength of the Yukawa coupling with the Higgs
boson;

• the large mass value of the top quark makes it sensitive to BSM physics;
• the top quark has a lifetime of order 10−25 s, a couple of orders of magnitude shorter

than the hadronization process timescale, that arranges colored quarks into color-
neutral hadrons. This means that no hadrons can ever contain the top quark, since it
decays before it can hadronize, giving us an unique opportunity to study a "naked"
quark;

• it is the only quark kinematically allowed to weakly decay into a real W boson (and a
down-type quark), since its mass is greater than the W boson’s one;

• due to the V-A nature of the electroweak interaction, the angular distributions of
the decay products depend the top-quark spin orientation. This information can be
exploited to study the structure of the tWb vertex.

An accurate knowledge of its properties (mass, couplings, production cross sections, de-
cay branching ratios, etc.) can bring key information on fundamental interactions at the
electroweak symmetry-breaking scale and beyond [1].

1.2.1 Top quark production
Top-antitop (tt) pair production In hadron collisions, top quarks are dominantly produced
in pairs through qq → tt and gg → tt processes at leading order in QCD, as shown in Fig. 1.3.
Approximately 85% of the production cross section at the Tevatron (pp at 1.96 TeV) is from
qq annihilation, with the remainder from gluon-gluon fusion, while at LHC (pp) about 90%
of the production is from the latter process at

√
s = 14 TeV.

Predictions for the top-quark production total cross sections are available at next-to-
next-to leading order (NNLO) [12, 13], also including next-to-next-to-leading-log (NNLL)
soft gluon re-summation. Table 1.3 summarizes the resulting theoretical prediction of the
top-quark pair cross-section at NNLO+NNLL accuracy for different centre-of-mass energies
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Figure 1.3: Top pair production Feynman diagrams at tree level.

at Tevatron and LHC, assuming a top-quark mass of 173.3 GeV/c2 (close to the Tevatron +
LHC average), and of 172.5 GeV/c2, respectively [12].

Accelerator
√

s [TeV] σtt [pb]

Tevatron (pp) 1.96 7.16+0.11+0.17
−0.20−0.12

LHC (pp) 7 177.3+4.6+9.0
−6.0−9.0

LHC (pp) 8 252.9+6.4+11.5
−8.6−11.5

LHC (pp) 13 831.8+19.8+35.1
−29.2−35.1

LHC (pp) 14 984+23.2+41.3
−34.7−41.3

Table 1.3: Theoretical predictions at NNLO+NNLL for tt pair production cross sections at different
centre-of-mass energy and different hadron colliders. The first uncertainty is from factor-
ization and renormalization scales set in the calculation and the second is from parton
distribution functions.

Single-top-quark production It was first observed in 2009 by DØ and CDF at Tevatron.
This is a charged current electroweak process that involves the tWq vertex in the production
of the top quark and in its decay, where q is a down-type quark, and negligible contributions
from Flavor-Changing Neutral Currents (FCNC).
In the SM, single-top-quark production mostly proceeds via three mechanisms:

• the t-channel mode;
• the production of top quark in association with a W boson, tW mode;
• the s-channel mode.
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Figure 1.4: Feynman diagrams for single top-quark production in t-channel (left), tW (middle) and
s-channel (right) modes in the presence of non-zero |Vtb|, |Vts| and |Vtd| values.

Figure 1.4 shows the tree level Feynman diagrams for t-channel, tW and s-channel in the
five-flavor scheme, i.e., considering all quarks up to the b as incoming partons.

Furthermore, top-quark production in association with a Z boson, tZ, has been observed
[14] and evidence of top-quark production in association with a photon, tγ, recently appeared
[15]; those processes have predicted cross section of σ(tZq → t``q) = 94.2 ± 3.1 fb and
σtγ = 2.95+0.13+0.03

−0.13−0.03 pb.
At the Tevatron, t-channel and s-channel production differ by roughly a factor 2 (with

the t-channel being the largest), while the tW production cross section is negligible. At
the LHC, the t-channel mode has the largest cross section followed by tW while the s-
channel production has a small cross section. The cross section for t-channel single-top-quark
production therfore differs from Tevatron to LHC: this is due of course to different centre-of-
mass energy, but an important difference is due to parton distribution functions and could
be understood by observing the left diagram of Fig. 1.4: the incoming quark q must be
u, c, d, or s (d, s, u, or c) in order to create a top (anti-top) quark(anti-quark). Since the
LHC is a pp collider and the valence composition of the proton is uud, more top quarks are
produced than anti-top anti-quarks. Nevertheless, the inclusive single (top+anti-top) cross
section for the t-channel mode is the same for Tevatron and LHC.
As the partonic collision happens at large values of Bjorken x, where valence quarks dominate
over the "sea" quarks, the charge asymmetry observable, defined as:

Rt =
σ

top
t−channel

σ
anti−top
t−channel

,

gets values close to two. Similar considerations apply to s-channel production. The value of
Rt can be enhanced significantly when |Vtd| is non-zero due to the valence-valence quark
interaction in the diagram in Fig. 1.4 (left). In the tW case, the SM predicts complete charge
symmetry when |Vtd| = 0, as can be understood from the middle panel of Fig. 1.4, since
there are no valence s and b quarks. Figure 1.5 shows the measured and the predicted cross
section at Tevatron and LHC.
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1.2. THE TOP QUARK

Figure 1.5: Measured and predicted single-top-quark production cross sections from Tevatron (pp
collisions) to LHC (pp collisions) [1].

The predicted cross section for the single-top-quark t-channel, s-channel and tW associ-
ated productions are shown in Tab. 1.4, Tab. 1.5, and Tab. 1.6, respectively. In particular, the
tW process is considered to have equal propotion for t and t, thus in Tab. 1.6 only inclusive
σt+t cross section is reported.

Accelerator
√

s [TeV] σt
t−ch [pb] σt

t−ch [pb] σt+t
t−ch [pb]

Tevatron (pp) 1.96 1
2 σt+t

t−ch
1
2 σt+t

t−ch 2.08<0.01+0.12
−0.04−0.12

LHC (pp) 7 41.80+1.24+1.28
−0.82−1.28 22.02+0.67+1.08

−0.43−1.08 63.89+1.92+2.19
−1.25−2.19

LHC (pp) 8 54.87+1.64+1.60
−1.09−1.60 29.74+0.92+1.39

−0.59−1.39 84.69+2.56+2.76
−1.68−2.76

LHC (pp) 13 136.02+4.09+3.52
−2.92−3.52 80.95+2.53+3.18

−1.71−3.18 216.99+6.62+6.16
−4.64−6.16

LHC (pp) 14 154.76+4.66+3.96
−3.39−3.96 93.28+2.92+3.58

−2.01−3.58 248.09+7.58+6.98
−5.40−6.98

Table 1.4: Theoretical predictions at NNLO+NNLL for single-top-production cross sections in t-
channel at different centre-of-mass energies and different hadron colliders. The first
uncertainty is from factorization and renormalization scales set in the calculation and the
second one is from parton distribution functions.
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Accelerator
√

s [TeV] σt
s−ch [pb] σt

s−ch, [pb] σt+t
s−ch [pb]

Tevatron (pp) 1.96 1
2 σt+t

s−ch
1
2 σt+t

s−ch 1.046+0.002+0.060
−0.010−0.056

LHC (pp) 7 2.76+0.08+0.08
−0.07−0.08 1.57+0.04+0.07

−0.04−0.07 4.29+0.12+0.14
−0.10−0.14

LHC (pp) 8 3.34+0.09+0.09
−0.08−0.09 1.90+0.05+0.08

−0.04−0.08 5.24+0.15+0.16
−0.12−0.16

LHC (pp) 13 6.35+0.18+0.14
−0.15−0.14 3.97+0.11+0.15

−0.09−0.15 10.32+0.29+0.27
−0.24−0.27

LHC (pp) 14 6.98+0.20+0.15
−0.16−0.15 4.42+0.13+0.16

−0.10−0.16 11.39+0.32+0.29
−0.26−0.29

Table 1.5: Theoretical predictions at NNLO+NNLL for single-top-production in s-channel cross
sections at different centre-of-mass energies and different hadron colliders. The first
uncertainty is from factorization and renormalization scales set in the calculation and the
second is from parton distribution functions.

Accelerator
√

s [TeV] σtW [pb]

Tevatron (pp) 1.96 —

LHC (pp) 7 15.74+0.40+1.10
−0.40−1.14

LHC (pp) 8 22.37+0.60+1.40
−0.60−1.40

LHC (pp) 13 71.7+1.8+3.4
−1.8−3.4

LHC (pp) 14 84.4+2.0+3.0
−2.0−4.8

Table 1.6: Theoretical predictions at NNLO+NNLL for single-top-quark production in tW channel
cross sections at different centre-of-mass energies and different hadron colliders. The first
uncertainty is from factorization and renormalization scales set in the calculation and the
second is from parton distribution functions.

1.2.2 Top quark decay
At tree level, the dominant decays of the top quark expressed by the process t → W+qd,
where qd indicates a down-type quark. Assuming |Vtb| � |Vts|, |Vtd|, and neglecting terms
of order m2

q/m2
t , α2

s and (αs/π)M2
W/m2

t , the SM predicted (NLO) is [16]:

Γt =
GFm3

t

8π
√

2

(
1 −

M2
W

m2
t

)2 (
1 + 2

M2
W

m2
t

) [
1 − 2αs

3π

(
2π2

3
− 5

2

)]
, (1.13)
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where mt refers to the pole mass. Taking mt = 173.3 GeV/c2 and αs(MZ) = 0.118, one gets
Γt = 1.35 GeV/c2. With its correspondingly short lifetime of ≈ 0.5 × 10−24 s the top quark is
expected to decay before top-flavored hadrons or tt-quarkonium-bound states can form [17].
Since the decay of the top quark occurs through the t → W+q process, there are two different
decay chains:

• t → W+qd → qd`ν` where the W+ decays in a lepton and a neutrino. The inclusive
branching ratio is ∼ 32%

• t → W+qd → qdq′dνq′′u , where the W+ decays hadronically. The inclusive branching
ratio is ∼ 68%.

For the tt pair there are all the combinatorial possibilities, and are defined as follows:

• the lepton+jets channel is: tt → W+qdW−q′d → `ν`qdq′′uq′′′d q′d + q′′uq′′′dqd`ν`q′d has one
of the two W boson leptonically decaying, and the other one hadrinically decays. The
branching ratio of this channel is 43.8% ;

• the dilepton channel has both of the W boson leptonically decaying: tt → W+qdW−q′d →
`ν`qd`

′ν`q′d. The branching ratio is 10.5%
• the all-jets channel tt → W+qdW−q′d → q′′q′′′qdqivqvq′d where both the W bosons

hadronically decay.

Here, qi indicates a i-th type quark, and q is of course a down-type quark.

W boson helicity in the decay The SM states that the top quark has the (V − A) CC weak
interactions:

−i
g√
2

Vtqγµ 1
2
(1 − γ5),

as all the other fermions. In the SM, the fraction of top-quark decays to longitudinally
polarized W bosons is proportional to its Yukawa coupling and hence enhanced with respect
to the weak coupling. Since the W is on-mass-shell, its helicity is quite different with
respect to the CC interactions where the W is off-mass-shell. Since in the CC interactions
only the left-handed fermions are involved, in the top-quark rest frame the +1 value is
prohibited for the W helicity. The W helicity comes from a superposition of helicity states
with λ = 0 or λ = −1. The ratio among these two components is:

Γ(t → bLWλ=0)

Γ(t → bLWλ=−1)
' m2

t

2M2
W

= x

In the SM, at tree level, the fraction of longitudinal polarizated (λ = 0) W in the top-quark
rest frame, F0, is expected to be [18]:

F SM
0 ≈ x/(1 + x), x = m2

t /2M2
W (F SM

0 ∼ 70% with mt = 175 GeV/c2).
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Fractions of left-handed, right-handed, or longitudinal W bosons are denoted as F−, F+, and F0

respectively.
In the SM, F− is expected to be ≈ 30% and F+ ≈ 0%. The study of the angular distribution
of the top.quark decay products provides a tool for a direct proof of the (V − A) structure of
the tWb coupling. The Tevatron and the LHC experiments use various techniques to measure
the helicity of the W boson in top-quark decays in tt production, both in the lepton+jets and
in dilepton channels. All results are in agreement with the SM expectations [1].

1.2.3 Top quark properties
Mass As the heaviest elementary particle in the standard model, the top quark plays an
important role in the precision fits of the SM and in loop corrections, where contributions
depending on quark masses arise: for example, MW measurement gets corrections that
are proportional to m2

t and ln mH. In flavor physics, many observables contain quadratic
terms of mt/MW . On the other hand, the top quark has the potential to provide insights
into physics beyond the SM (BSM). Many BSM models introduce changes within the top
quark sector, which can be constrained by precise measurements of the cross sections and
properties of top-quark production channels [19].

The most precise measurement among top quark properties is its mass: it has been mea-
sured in the lepton+jets, the dilepton, and the all-jets channel2 by CDF and DØ experiments
at Tevatron as well as by CMS and ATLAS experiments at LHC.

The lepton+jets channel yields the most precise single measurements because of good
signal to background ratio (in particular thanks to b-tagging) and the presence of a single
neutrino in the final state. The momentum of a single neutrino can be reconstructed (up to
a quadratic ambiguity) via the missing transverse energy measurement and applying the
constraint of W boson mass.

In the di-lepton channel, the signal to background is typically very good, but reconstruc-
tion of the mass is non-trivial because there are two neutrinos in the final state, yielding a
kinematically unconstrained system. A variety of techniques have been developed to handle
this problem.

The most recise measurements of the top quark mass are [1]:

m = 172.9 ± 0.4 GeV/c2 from direct measurements

m = 160+5
−4 GeV/c2 from cross-section measurements

m = 173.1 ± 0.9 GeV/c2 Pole from cross-section measurements

Width Early measurements made at CDF [20] and CMS [21] established confidence-level
intervals for the width, but do not have the sensitivity to make a direct measurement because

2These definitions arise from the different decay mechanisms of the W bosons from the tWq vertices, see Sec.
1.2.2.
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the experimental resolutions are much larger than the width itself. A recent measurement
from ATLAS, using 139 fb−1 at

√
s = 13 TeV found [22]:

Γt = 1.9 ± 0.5 GeV/c2,

that is the most precise measurements up to date.

Electric Charge The top quark is the only quark whose electric coupling has not been
measured through production at threshold in e+e− collisions. Since the CDF and DØ
analyses on top-quark production did not associate the b, b, and W± uniquely to top or
anti-top anti-quarks, decays such as t → W+b,t → W−b were not excluded. A charge 4/3
quark of this kind could be consistent with current electroweak precision data. Nevertheless,
measurements of Tevatron [23, 24] and LHC experiments [25, 26] exclude these scenarios
with high confidence level. The top-quark coupling to a photon provides the opportunity to
directly measure the electromagnetic charge of the top quarks. By measuring the associated
production cross section of a top-antitop pair and a photon (tt + γ), the coupling of the top
quark and the photon is probed [27, ?]. Any deviation of the measured cross section value
from the SM prediction would be an indication of BSM physics, such as the production of
an exotic quark with electric charge of 4/3, or a top quark with an anomalous electric dipole
moment [28, 29]. A different coupling would change directly the cross section, therefore
cross section measurements in this channel are a direct proof of the top quark charge.
Measurements of the production cross section of tt + γ have been performed by the CDF
Collaboration at the Tevatron using pp collisions at

√
s = 1.96 TeV [30], and by the ATLAS

Collaboration at the LHC using pp collisions at
√

s = 7 TeV [31] and
√

s = 8 TeV [32]. These
results are in agreement with the SM predictions within uncertainties.

Spin and polarization The top quark decays before its spin can be flipped by the strong
interaction. Thus its polariztion is directly observable via the angular distribution of its decay
products and it is possible to define and measure observables sensitive to the top-quark
spin and its production mechanism. Although the top and anti-top quarks produced by
strong interactions in hadron collisions are essentially unpolarized, the spins of t and t are
correlated. Let’s consider the process

qq → tt.

In the ultra-relativistic limit (E � m), helicity conservation imposes q and q to have opposite
helicities. Thus, t and t can be produced with either the opposite or the same helicity values.
The direction of the top-quark spin is 100% correlated to the angular distributions of the
down-type fermions (charged leptons or d-type quarks) in the decay.

At Tevatron the dominating process for tt production is qq → tt, whereas at LHC it is
gg → tt, hence the basis choices that optimize the spin correlation analyses are different. At
Tevatron the off-diagonal basis is used since it optimizes the correlations, while at LHC the
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Figure 1.6: Definitions of the off-diagonal, helicity and beamline basis, used in top-quark spin
correlations studies.

more convenient basis is the helicity one, where the quantization axis is along the top-quark
direction in the tt rest frame. Figure 1.6 shows a schematic view of off-diagonal and helicity
basis with respect to the beamline basis. In the off-diagonal basis the spin quantization axis
makes an angle ψ with the direction beam, that can be expressed in function of the diffusion
angle:

tan ψ =
β2 sin θ cos θ

1 − β2 sin2 θ
,

where β is the top-quark (and anti-top anti-quark) velocity in the centre-of-mass (qq) rest
frame. In the limit E � m the off-diagonal basis coincides with the helicity one.

A very sensitive observable is the joint angular distribution:

1
σ

d2σ

d cos θ+ d cos θ−
=

(1 + B+ cos θ+ + B− cos θ− + κ cos θ+ cos θ−)

4
, (1.14)

where θ+ and θ− are the angles of the daughters in the top-quark rest frame with respect to a
particular spin quantization axis (assumed here to be the same for both the angles), is a very
sensitive observable. The maximum value for the parameter κ, is found in the offdiagonal
basis [33]. The coefficients B+ and B− are near zero in the SM because the top quarks are
unpolarized in tt production.

In electroweak t-channel single-top-quark production, the standard model predicts that
produced top quarks are highly polarized along the direction of the momentum of the
spectator quark [34, 35]. However, new physics models could also lead to a depolarisation in
production by altering the coupling structure [36, 37, 38, 39]. In this channel is possible to
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define the spin asymmetry as follows:

AX = Pt · αX =
N(↑)− N(↓)
N(↑) + N(↓) ,

is used to probe the coupling structure, where Pt represents the top-quark polarization
in production and αX denotes the degree of the angular correlations of one of its decay
products, X, with respect to the spin of the top quark, the spin analyzing power. The
variables N(↑) and N(↓) are defined, for each top-quark decay product from the decay
chain t → qW → q`ν, as the number of instances in which that decay product is aligned or
anti-aligned, respectively, relative to the direction of the recoiling spectator quark momentum
[40].
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2
The CMS experiment at the LHC

2.1. The Large Hadron Collider

The Large Hadron Collider (LHC), hosted at CERN, is the largest proton-proton and heavy
ions (Pb) accelerator and collider. It is located in a 27 km circular tunnel underground, at
an average depth of 100 m across the Swiss-French border near Geneva. Its centre-of-mass
design energy for the protons is 14 TeV,for heavy ions is 2.4 GeV, for a peak luminosity of
1034 cm−2s−1 and of 1027 cm−2s−1, respectively.

The proton source is a bottle of hydrogen gas, from where they are extracted; to reach
centre-of-mass energy for collisions, protons go through some acceleration stages that are
schematized in Fig. 2.1:

• protons are first accelerated up to 50 MeV by a 36 m Linear Accelerator (LINAC 2);
they are pulsed from the hydrogen bottle;

• then they enter the Proton Synchrotron Booster ( BOOSTER), the next step in CERN’s
accelerator chain, a circular accelerator of 50 meter diameter, and reach 1.5 GeV;

• the beams are then injected in the Proton Synchrotron (PS), a circular accelerator
whose circumference is 628 m which accelerates them to 25 GeV;

• the last acceleration stage before the injection in the LHC is through the Super Proton
Synchrotron (SPS), a 6.9 km accelerator, where protons reach 450 GeV.

Finally, the beams are injected in the Large Hadron Collider (LHC), where they circulate in
opposite directions and reach the energy for the collisions, that during Run 2 (2015-2018)
was 6.5 TeV per beam; they are accelerated by superconductive radio-frequency (RF) cavities.
Bemas are curved by 1232 superconductive Nb-Ti dipole magnets, and focused by 392
quadrupole magnets and other magnets whose purpose is to correct the field geometry
(sextupoles, octupoles). The LHC magnet system exploits the well-proven technology based
on Nb-Ti Rutherford cables and cools the magnets to a temperature below 2 K thanks to
the use of the superfluid helium, and operates with fields above 8 T [41]. The beam design
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Figure 2.1: Schematic representation of CERN accelerator complex.

energy for LHC is 7 times greater the Tevatron one, for a 100 gain factor in luminosity.
The LHC has two beam pipes with the beams that travel in opposite directions, and collide
in four intersection points, where the particles are detected by the four main experiments:
ATLAS, CMS, LHCb and ALICE.

2.2. Luminosity at the LHC

LHC officially started in 2008, but physics data taking lasted from 2010 to 2012, during the
so-called Run 1. In this phase the centre-of-mass enery was first kept at

√
s = 7 TeV, then, in

2012, it was raised to 8 TeV. From 2013 to 2014 there was the first Long Shutdown (LS 1), in
order to allow upgrades and checks to the magnets’ system. During Run 2, from 2015 to
the end of 2018, the energy of each beam was 6.5 TeV, for a centre-of-mass energy of 13 TeV.
Currently, it’s in the LS 2 phase. Run 3 will start in 2021, during which the beams will reach
the design energy of 8 TeV, i.e.

√
s = 14 TeV.

The event rate in LHC collisions is:

R ≡ dN
dt

= L · σ, (2.1)

where σ is the cross section of the event of interest, and L is the instantaneous luminosity of
the collider. For a circular collider and assuming a Gaussian beam distribution, it depends
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only on the beam parameters and can be written as follows:

L =
k

4π
· f n1n2

σxσy

1√
1 +

(
σz

σy
· tan(

φ

2
)

)2
, (2.2)

where:

• k is the number of bunches per beam. For LHC k ∼ 1200 during Run 1 and k ∼ 2500
during Run 2;

• n1, n2 are the numbers of the particles in the bunches, respectively. In particular, at the
beginning of the fill, n1 = n2 = n, with n = 1.15 × 1011 for the protons and 7 × 107 for
the ions (during Run 2);

• f is the revolution frequency: f = 11 245 kHz, corresponding to a round trip time of
90 µs;

• σx, σy and σz are the standard deviations of the Gaussian beam distributions in the x, y
and z directions, respectively, with σx = σy ' 16 µm and σz � σx, with σz ∼ cm;

• φ is the intersection angle of the 2 beams.

An important quantity to be computed is the bunch separation, that quantifies the time
elapsed between the transition of two bunches; it was of 50 ns during Run 1, and of 25 ns
during Run 2, that correspond to frequencies of 20 MHz and 40 MHz, respectively. So the
electronic devices must be capable to readout at these frequencies. Nevertheless, the beams
are injected from the SPS to LHC, and this leads to technical issues there are some missing
bunches and to decrease the average crossing frequency to 15 MHz and 30 MHz, for Run 1
and Run 2 respectively.

The CMS experiment was designed to reach a maximum peak luminosity of ∼ 1034 cm−2s−1.
Figure 2.2 shows the values of the integrated luminosity delivered at CMS, and Tab. 2.1
shows the values of the integrated luminosity delivered at LHC, and the one recorded and
validated by CMS.

2.3. The CMS detector

The Compact Muon Solenoid (CMS) detector is one of the four main detectors around LHC;
it is 21.6 m long and has a total diameter of 14.6 m.
One of the most important aspects driving the design of the detector is the requirement
to measure with high precision the momentum of muons, and to do it within a compact
spectrometer and without stringent demands on muon-chamber resolution and alignement;
so a large bending power, hence a high magnetic field, is needed. The choice of the magnetic
field configuration led to the use of superconducting technology for the magnets.
The structure of the detector, from the inside to the outside, is the following:
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Figure 2.2: CMS Integrated luminosity, L =
∫
Ldt, delivered during Run 1 and Run 2.

Year Centre-of-mass-energy LHC Delivered CMS recorded CMS validated√
s (TeV) luminosity (fb−1) luminosity (fb−1) luminosity (fb−1)

2010 (Run 1) 7 44.22 × 10−2 40.76 × 10−2 34.68 × 10−2

2011 (Run 1) 7 6.13 5.55 5.32

2012 (Run 1) 8 23.30 21.79 19.62

2015 (Run 2) 13 4.22 3.81 2.39

2016 (Run 2) 13 40.82 37.76 35.92

2017 (Run 2) 13 49.28 44.51 41.53

2018 (Run 2) 13 67.86 63.67 59.74

Table 2.1: Luminosity delivered by LHC, recorded by CMS and certified as good for physics analysis,
during Run 1 and Run 2.
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• In the innermost part there is the Tracking System (that will be discussed in Sec. 2.3.2):
it employs silicon micro-strip detectors, which provide the required granularity and
precision, and silicon pixel detectors, placed close to the interaction region, to improve
the measurement of the impact parameter of charged-particle tracks and the position
of secondary vertices.

• The Electromagnetic calorimeter (ECAL), discussed in Sec. 2.3.3, uses lead tungstate
(PbWO4) crystals; the scintillation light is detected by silicon avalanche photodiodes
(APDs) in the barrel region and vacuum phototriodes (VPTs) in the endcap region. A
preshower system is installed in front of the endcap ECAL for π0 rejection.

• ECAL is surrounded by a brass/scintillator sampling Hadron calorimeter (HCAL),
where the scintillation light is converted by wavelength-shifting (WLS) fibers embedded
in the scintillator tiles and channeled to photodetectors via clear fibers. This light is
detected by hybrid photodiodes (HPDs) that can provide gain and operate in high
axial magnetic fields.

• Forward Calorimeters. The hadron calorimeters complex, placed in the central region,
is complemented by an iron/quartz-fiber calorimeter in the forward region. The
Cerenkov light emitted in the quartz fibers is detected by photomultipliers. The
forward calorimeters ensure full geometric coverage for the measurement of the
transverse energy in the event.The HCAL and the forward hadronic calorimetry are
discussed in Sec. 2.3.4.

• A 13-meter long superconducting solenoid, that produces a 4 T magnetic field. Its
5.9 m inner diameter is large enough to accommodate the inner tracker and the calorime-
ters inside.

• Muon system: The return field is large enough to saturate 1.5 m of iron, allowing 4
muon stations to be integrated to ensure robustness and full geometric coverage. Each
muon station consists of several layers of aluminum drif tubes (DT) in the barrel region
and cathode strip chambers (CSCs) in the endcap region, complemented by resistive
plate chambers (RPCs).

2.3.1 The CMS Coordinate System convention
The coordinate system adopted by CMS has the origin centered at the nominal collision
point inside the experiment, the y-axis pointing vertically upward, and the x-axis pointing
radially inward toward the center of the LHC ring [42]. Thus, the z-axis points along the
beam direction toward the Jura mountains from LHC Point 5. A schematic picture of the
coordiate system is shown in Fig. 2.4. Since CMS has a cylindrical symmetry, it is convenient
to reconstruct the particles’ tracks with the cylindrical coordinates: the azimuthal angle φ,
measured from the x-axis in the x-y plane (also called the transverse plane), and the polar
angle θ, measured from the z-axis. The polar angle can be expressed more conveniently in
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Figure 2.3: A schematic view of the CMS detector.

terms of pseudorapidity, η:

η = − ln
(

tan
θ

2

)
. (2.3)

The pseudorapidity can be defined also in function of the momentum of the particle:

η =
1
2

ln
(
|p|+ pz

|p| − pz

)
, (2.4)

where pz is the component of the momentum along the beam axis. For ultra-relativistic
particles, where E ≈ |p|, the pseudorapidity converges to the definition of rapidity, y, defined
as:

y =
1
2

ln
(

E + pzc
E − pzc

)
, (2.5)

Through these parameters it is possible to define a distance between two particle directions
as follows:

∆R =
√
(∆φ)2 + (∆η)2 . (2.6)

It is possible to identify three regions of the sub-detectors: the barrel region identifies the
central part of the CMS apparatus, where the sub-detectors are coaxial to the beam, and
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Figure 2.4: Scheme of CMS coordinate system.

extends in |η| < 0.9; the overlap regions, between the barrel and the endcap regions, covering
the range 0.9 < |η| < 1.2; the endap regions, that extend in |η| > 1.2. A longitudinal view of
the CMS detector, expressed in terms of the pseudorapidity, is shown in figure Fig. 2.5.

Figure 2.5: Longitudinal view of the CMS detector; the red lines denote the values of η and θ.

The momentum of a particle in the cartesian representation, can be divided in the
longitudinal component, along the beam axis, that in the CMS coordinate system is pz, and in
the transverse component, ~pT, whose modulus is:

pT =
√

p2
x + p2

y
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Differences in η and pT are invariant under boost in th z direction: this is useful because the
centre-of-mass of parton-parton collisions is often boosted along the z direction.

2.3.2 Tracker
The CMS tracking volume is a ∼ 5.6 m long cilinder, with a diameter of ≈ 2.2 m. One of the
main features of the CMS tracker is that it is based entirely on the silicon technology.
The entire silicon strip detector consists of more than 15000 modules mounted on carbon-fiber
structures and housed inside a temperature controlled outer support tube. The operating
temperature is aroung −20 ◦C.

A schematic view of the CMS tracker system is shown in Fig. 2.6. The tracker covers the
region |r| < 110 cm, |η| < 2.4 and |z| < 280 cm.

Barrel region
In the barrel, it is possible to identify three regions, from the innermost to the outermost:

• Pixel Barrel tracker: this is the closest region to the interaction vertex, where the
particle flux is very high, with R < 11 cm. It is constituted by silicon pixel detectors
of area 100 × 150 µm2 per pixel, for a total area of about 1 m2 and ∼ 66 × 106 pixels
arranged in three cylindrical layers. The spatial resolution is 10 µm for R and φ, and
20 µm for z coordinate. From Run 2 there is an additional layer.

• Tracker Inner Barrel (TIB), which covers the region 20 < R < 55 cm and |z| < 55 cm:
it’s made of four layers of 320 µm thick silicon microstrips along the z direction, with a
pitch between each other in the range from 80 µm to 120 µm. The first two modules are
“stereo” in order to provide a measurement in both φ and z coordinates, for a stereo
angle of 100 mrad and a single point resolution of 23 − 34 µm in φ direction and of
23 µm in z.

• Tracker Outer Barrel (TOB), that is made of 6 layers that extend in the region of
|z| < 110 cm. Since the radiation levels are smaller in this region, thicker silicon sensors
(500 µm), a longer strip length and wider pitch, that varies from 120 µm to 180 µm, are
used. The first 2 layers provide a stereo measurement in both φ and z coordinates. The
stereo angle is again 100 mrad and the single-point resolution is about 35 − 52 µm in φ

direction and of 52 µm in z.

Endcap regions
The TOB is longer than the TIB, in the transition zone between the TIB and the endcap
regions there are 3 layers of Tracker Inner Disks (TID), whose center is along the beam axis;
they have strips that point toward the beam axis, with a variable pitch. The thickness of the
sensors is of 320 µm, and first two rings of the TID have stereo modules.
In the endcap regions there are the Tracker Endcap (TEC), extending from 120 cm < |z| <
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280 cm. The TECs are made by 9 disks centered on the beam axis and of variable thickness
of 320 µm for the 3 innermost rings and 500 µm for the others. The fifth ring has stereo
modules.

Figure 2.6: A schematic view of the CMS tracker.

Momentum resolution
In general, the momentum resolution can be written as follows:(

σp

p

)2

=

(
σpT

pT

)2

+
( σθ

sin θ

)2
. (2.7)

Where the first term is the relative uncertainty on the track reconstruction and the second
one is the multiple scattering contribution. In particular, by considering the features of CMS
one can write:(

σpT

pT

)2

= c1 ·
( pT

BL2

)2
+ c2 ·

(
1

B
√

LX0

)2

' (13% · pT(TeV/c))2 + (0.7%)2, (2.8)

where the latter coefficients reflect the average resolution in CMS. It is important however
to notice that the momentum resolution depends on η too. This is due to the number and
types of sub-detectors the particle crossed, and the material budget, i.e. the quantity of
matter along the particle’s path, as shown in Fig. 2.7(b); Fig. 2.7(a) shows the resolution
dependencies from η comparing data and simulated J/ψ decay.

2.3.3 The Electromagnetic Calorimeter (ECAL)
The Electromagnetic Calorimeter (ECAL) is homogeneous and hermetic, made of 61200
PbWO4 crystals in the barrel, and 7324 in each endcap. The truncated-pyramid shaped
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(a) (b)

Figure 2.7: (a) shows the transverse momentum resolution dependency from η measured through
J/ψ decays; (b) shows the quantity of matter in function of η.

crystals cross-section corresponds to approximately ∆η = 0.0174 and ∆φ = 0.0174 The ECAL,
hosted inside the superconducting magnet, must be compact, the crystals must reach the
required granularity and precision, be fast and resistant to the radiations in a relatively small
volume.
The choice of the PbWO4 is due to the high density ρ(PbWO4) = 8.28 g/cm3, small values
of the radiation length and Moliere radius, X0 = 0.89 cm, and λM = 2.2 cm, respectively; in
addition, the 80% of the light is emitted in ∼ 25 ns and this material has a huge radiation
emission power (∼ 10 Mrad). Nevertheless, it has a relatively small light yield of 30 γ/MeV:
so it’s necessary to couple those crystals with high gain photo-detectors, that are capable to
operate in a high magnetic field: Silicon Avalanche Photo-diodes (SiAPD) are thus used in
the barrel region and Vacuum Photo-diodes are used in the endcaps. The sensitivity of these
devices to the temperature requires a temperature stability of 0.1 ◦C.

It is possible to separate two regions:

• ECAL Barrel (ECAL B), with an internal radius of 129 cm, is divided in 36 super-
modules, each long half of the barrel length, covering up the region |η| < 1.48. The
crystal length is 23 cm, corresponding to 25.8 X0.

• ECAL Endcaps (ECAL E), that are 314 cm far from the nominal interaction vertex,
covering the range 1.48 < |η| < 3.0. Each ECAL E is constituted by two aluminum
semicircular plates, where there are structural unities of 5 × 5 crystals. They are 22 cm
long, corresponding to ∼ 24.7 X0, and have a superficial area of 28.6 × 28.6 mm2.

An additional Pre-shower devices, made by two planes of silicon strip detectors with 1.9 mm
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Figure 2.8: Transverse section through the ECAL, showing geometrical configuration.

pitch and absorber lead disks, of 2 X0 and 3 X0 depth, respectively, is placed in front of
the endcap crystals, to enhance photon identification capabilities, in particular to optimize
the π0 detection. The ECAL barrel energy resolution for electrons in beam tests has been
measured to be [43]:

σE

E
=

2.8%√
E (GeV)

⊕ 12%
E (GeV)

⊕ 0.3% (2.9)

where the three contributions correspond to the stochastic fluctuations, electronic noise, and
constant terms. The stochastic term includes contributions from the shower containment, the
number of photoelectrons and the fluctuations in the gain process. The noise term of 12%
at 1 GeV corresponds to a single channel noise of about 40 MeV. The constant term, which
dominates the energy resolution for high-energy electron and photon showers, depends
on non-uniformity of the longitudinal light collection, energy leakage from the back of the
calorimeter, single-channel response uniformity and stability.

2.3.4 The Hadronic Calorimeter (HCAL)
The Hadronic Calorimeter (HCAL) design was driven by the choice of the magnet parame-
ters since most of the CMS calorimetry is located inside the magnet coil and surrounds the
ECAL system.
The HCAL is a sampling calorimeter, with brass as absorber material, since it has short
interaction length and it is non-magnetic. An important requirement is to minimize the non-
Gaussian tails of the energy resolution and to provide a containment and a good hermiticity
in order to perform a good Emiss

T measurement. This leads to maximize the absorber material
inside the magnet coil, in terms of radiation lengths, and thus to minimize the space for
the active medium. The active medium is made by plastic scintillator tiles read out with
embedded wavelength-shifting (WLS) fibers, that are spliced to high-attenuation-length clear
fibers outside the scintillator that carry the light to the readout system; this is based on
multi-channel Hybrid Photo-diodes (HPDs). The whole structure enables the HCAL to be
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built with essentially no uninstrumented cracks or dead areas in φ. It is possible to identify
three region inside the magnet coil for the HCAL:

• the Hadron Barrel (HB) covers the region |η| < 1.4, and is constituted by 32 towers
with ∆η × ∆φ = 0.087 × 0.087 segmentation, for a total of 2304 towers. It is divided
in two half barrels, 15 brass plates of thickness 5 cm and two external stainless steel
plates. Particles leaving the ECAL volume first see a scintillator plate with a thickness
of 0.9 cm rather than 0.37 cm for the other plates. The light collected by the first layer
is optimized to be a factor of about 1.5 higher than the other scintillator plates.

• the Hadron Endcap (HE) covers the region 1.3 < |η| < 3.0 with 14 towers. The
separation for the 5 outermost towers, at smaller η is of 5° and 0.087 in η, while for the
8 innermost towers is 10° in φ and varies from 0.09 to 0.35 (for the highest values of η)
in η. The total number of HE towers is 2304.

• the Hadron Forward (HF) covers the range 3.0 < |η| < 5.0, and is made by steel/quartz
fiber; the neutral component of hadron shower is preferentially sampled in the HF
technology. The front face is located at 11.2 m from the interaction point; the depth of
the absorber is 1.65 m. The signal originates from Cerenkov light emitted in the quartz
fibers, which is then channeled by the fibers to photomultipliers. The quartz fibers run
parallel to the beam line and are inserted into grooves in order to create 2 effective
longitudinal samplings. There are 13 towers in η with a size given by ∆η = 0.175
(except for the lowest η tower and the highest η tower with ∆η = 0.1 an ∆η = 0.3,
respectively) and ∆φ = 10° (except for the highest η tower that has ∆φ = 20°, for a
total of 900 towers.

The gap between the barrel and the endcap HCAL, through which the services of the ECAL
and the inner tracker pass, is inclined at 53° and points away from the centre of the detector.

The Hadron Outer
Outside the magnet coil there is another hadron calorimeter, the Hadron Outer (HO), which
contains 0.1 cm thick scintillators lining the outside of the outer vacuum tank of the coil and
covers the region |η| < 1.26.
The tiles are grouped in 30° sectors, matching the segmentation of the Drift Tube Chamber;
in fact, HO is physically located inside the barrel muon system, hence it is constrained by
the geometry and construction of that system (see section 2.3.6).
The HO samples the energy from penetrating hadron showers leaking through the rear of the
calorimeters and so serves as a tail-catcher after the magnet coil and increases the effective
thickness of the hadron calorimetry to over 10λI , therefore reducing the tails in the energy
resolution function. An improvement in the Missing Transverse Energy (MET) resolution is
provided by the HO.It is divided in 5 sections along η, called "rings" with enumeration from
−2 to 2. Each ring covers 2.5 m in the z coordinate. HO scintillators follow the HCAL barrel
tower geometry in η and φ.
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Parameter Value

Field 3.8 T
Inner Bore 5.9 m

Length 12.9 m
Current 19.5 kA

Stored Energy 2.7 GJ
Number Of Turns 2168

Table 2.2: Parameters of CMS superconducting solenoid.

2.3.5 The Superconducting Solenoid
As mentioned before, one of the first requirement for the CMS experiment design was to
measure with high precision the momentum of the muons. To do it, a large bending power is
needed, hence an intense magnetic field. In fact, the CMS magnet enables the muon system to
reach the required performance, as the momentum resolution of ∆p/p ≈ 10% at p = 1 TeV/c.
The CMS detector contains a large superconducting solenoid, whose parameters are listed in
Tab. 2.2. The main features of the solenoid are:

• the use of a high-purity and aluminum-stabilised conductor;
• indirect cooling, by a thermosyphon;
• full epoxy impregnation.

The Rutherford-type cable is co-extruded with pure aluminum, which acts as a thermal
stabilizer. The flux is returned through a 108kg iron yoke comprising 5 wheels and 2 endcaps,
composed of three disks each. The iron return yoke allows for a constant 1.8 T field also in
the region outside the magnet.

2.3.6 The Muon System
The detectors used for the muon system are all gaseous, a choice driven by the large surface
to be covered and by the different particle flux.

Muon detectors in the Barrel region
In the barrel region (|η| < 1.2), where the muon rate is low, Drift Tube Chambers (DTCs)
are used. In particular, 250 DTCs are arranged in 4 layers at different distances from the
beam axis (4.0 m, 4.9 m, 5.9 m and 7 m), alternated with iron yokes. It is divided in 5 wheels,
and each wheel is divided into 12 sectors; each sector covers 30° azimuthal angle. There are
12 chambers in each of the 3 inner layers. In the 4th layer, the top and bottom sectors host 2
chambers each, thus leading to a total of 14 chambers per wheel in this outermost layer.
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The chambers belonging to different station are staggered so that high-pT muon produced
near a sector boundary crosses at least 3 out of the 4 stations.

Each DTC has 1 or 2 Resistive Plate Chambers (RPCs) coupled to it, so that high-pT

muons cross up to 6 RPCs and up to 4 DTCs, producing up to 44 measured points in the DT
system from which a muon-track candidate can be built.

Muon detectors in the Endcap region
The Muon Endcap (ME) system comprises 468 CSCs in the 2 endcaps. Each CSC is trapezoidal
in shape and consists of 6 gas gaps, each gap having a plane of radial cathode strips and a
plane of anode wires running almost perpendicularly to the strips. Most of the CSCs are
overlapped in φ in order to avoid gaps in the muon acceptance.

The gas ionization and subsequent electron avalanche caused by a charged particle
traversing each plane of a chamber produces a charge on the anode wire and an image
charge on a group of cathode strips.
The signal on the wires is fast and is used in the Level-1 Trigger. However, it leads to a
coarser position resolution. Each CSC measures up to 6 space coordinates (r, φ, z). The
spatial resolution provided by each chamber from the strips is typically about 200 µm.
In the endcap regions there are RPCs too, to help resolve ambiguities in the CSCs.

Muon momentum resolution
The centrally produced muons are measured in the inner tracker, after the coil and in the
return flux (where the curvature has changed).

A momentum measurement performed by the muon system only is essentially deter-
mined by the bending angle of the muons when they come out the magnet (taking as origin
the interaction point, which is known with precision of 20 µm); as it is shown in Fig. 2.9,
the resolution is dominated by the multiple scattering contribution, for muon transverse
momentum values up to 200 GeV/c; then the chamber spatial resolution starts to dominate.

For low momentum muons, the best momentum resolution is obtained in the tracker.
The muon trajectory beyond the return yoke extrapolates back to the beamline due to the
compensation of the bend before and after the coil when multiple scattering and energy
loss can be neglected. This fact can be used to improve the muon momentum resolution at
high momentum when combining the inner tracker and muon detector measurements (full
system in Fig. 2.9).
Figure 2.9 shows the muon momentum resolution dependency from the momentum itself,
in two η ranges.
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Figure 2.9: he muon momentum resolution versus p using the muon system only, the inner tracker
only, or both ("full system"), in the barrel with |η < 0.2| (left panel) and in the endcap
with 1.8 < |η| < 2.0 (left panel).

2.4. The CMS Trigger

The Trigger and Data Acquisition (DAQ) system of an experiment at a hadron collider plays
an essential role because both the collision and the overall data rates are much higher than
the rate at which one can write data to mass storage. At the LHC, the proton beams cross
each other at a frequency of 40 MHz.
The online event selection process (trigger) must reduce the approximately 1 billion interac-
tions per second to no more than about O(100) events/s for storage and subsequent analysis.
The trigger system consists of two levels designed to select events of potential physics interest.
The required rejection power of O(105) is too large to be achieved in a single processing step.
For this reason, the full selection task is split into two steps.
The first level of the trigger, the L1-Trigger is implemented in hardware, and selects events
containing detector signals consistent with a particle candidate [44].

The second level, called the High Level Trigger (HLT), implemented in software, further
refines the purity of the output stream, selecting an average rate of 400 Hz for offline event
storage [45].

The L1 Trigger
The first level (L1) of the CMS trigger is implemented in custom hardware, and selects events
containing candidate objects, e.g., ionization deposits consistent with a muon, or energy
clusters consistent with an electron, photon, τ lepton, missing transverse energy (MET), or
jet. Within 4 µs from a collision, the system must decide if an event should be accepted
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or rejected by using information from the calorimeter and muon detectors. The trigger
thresholds are adjusted to the LHC instantaneous luminosity during data taking in order to
restrict the output rate to 100 kHz, the upper limit imposed by the CMS readout electronics.

A more detailed scheme of the L1 Trigger architecture is shown in Fig. 2.10: data from
the HF and the HCAL, and from the ECAL, are processed first regionally (RCT) and then
globally (GCT). Energy deposits (hits) from the RPCs, CSCs, and DTs are processed either
via a pattern comparator or via a system of segment- and track-finders and sent to a global
muon trigger (GMT).

The information from the GCT and GMT is combined in a global trigger (GT), which
makes the final trigger decision. This decision is sent to the tracker (TRK), ECAL, HCAL or
muon systems (MU) via the trigger, timing and control (TTC) system. The data acquisition
system (DAQ) reads data from various subsystems for offline storage [46].

Figure 2.10: Overview of the CMS L1 trigger system.

The High Level Trigger (HLT)
The HLT hardware consists of a single processor farm composed of commodity computers,
the event filter farm (EVF). The event filter farm consists of filter-builder units. In the builder
units, individual event fragments from the detector are assembled to form complete events.
For each event, objects such as electrons, muons, and jets are reconstructed and identification
criteria are applied in order to select only those events which are of possible interest for data
analysis. The filtering process uses the full precision of the data from the detector, and the
selection is based on offline-quality reconstruction algorithms. The High-Level Trigger is
designed to reduce this maximum Level-1 accept rate of 100 kHz to a final output rate of
100 Hz.
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3
Data sample and event selection

3.1. Data and simulated samples

In order to predict the signal and background process, simulated samples with the Monte
Carlo (MC) technique have been used, collected with the requirement of one muon in the
final state. State-of the art simulation softwares are used to reproduce the hard-scattering
interaction of the standard model, either at tree-level, i.e. Leading-Order (LO) or up to the
first perturbative expansion, or Next-to-Leading-Order (NLO). The simulation of parton
shower, hadronization and the underlying event is performed by PYTHIA 8.180 [47] with
tune CUETP8M1 [48], except for the tt background, where the CUETP8M2T4 tune is used
[49]. The default parametrisation of the parton distribution functions (PDFs) used in all
simulations is NNPDF30 nlo [50]. All the generated events undergo a full simulation of the
detector response according to the implementation of the CMS detector within GEANT4 [51].
Additional proton-proton interactions within the same or nearby bunch crossing (pileup) are
included in the simulation with the same distribution as observed in data [52].

The final states of interest are constituted by one lepton (muon or electron1), some
missing transverse energy that brings neutrino information, and a different jet and b-jet
multiplicity depending on the process; a more detailed description of the selection of those
events can be found in Sec. 3.3. In the following are briefly described the simulated signal
and background samples.

Signal events: single top t-channel processes. Their Feynman diagrams are represented
in Fig. 3.1. In principle, they can have a different final state topology from the considered
one, where the W decays hadronically. This topology is not considered in this analysis,
since it is way more challenging to separate from the background sources, and the lepton

1In this analysis the considered lepton in the final state is the muon. Adding the samples with an electron in
the final state will be a future developement.
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3.1. DATA AND SIMULATED SAMPLES

signature is more clear. The MC simulated sample is generated next-to-leading order (NLO)
with POWHEG 2.0 in the four-flavour-scheme (4FS) for the |Vtb|-|Vtb| events and in the
five-flavour-scheme(5FS) for the |Vtb|-|Vtq| or |Vtq|-|Vtb| events [53]; the top-quark decays
(both in |Vtb| channel and in |Vts| a |Vtd| channels) are simulated with MADSPIN [54].
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Figure 3.1: Feynman diagrams of the single top productions and decays in the t-channel, correspond-
ing to the signals.

Top-antitop pair production events This is the main background, since it contains two top
quarks. It can simulate the signal in the semi-leptonic decays, since there is a lepton-neutrino
pair and some jets in the final state, as shown in Fig. 3.2. The simulated sample is generated
with POWHEG. Only the tWb decay vertices are considered for the analysis, whereas the ttb,q

is not considered in the analysis.
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Figure 3.2: Feynman diagram at leading order of the tt pair production.

W or Z boson associated with jets events This is another main background source, when
the jet multiplicity is the same as in the signal events and the bosons decay leptonically; the
Feynman diagrams at the leading order of those processes are represented in Fig. 3.3. This
sample is simulated using aMC@NLO [55] and the FxFx merging scheme [56], where up to
two additional partons are generated at matrix-element level.
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Figure 3.3: Feynman diagrams of W/Z bosons production associated with jets

Single top s-channel and tW associated production These events involve the single top-
quark production, but in this analysis are considered as background sources. The Feynman
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3.1. DATA AND SIMULATED SAMPLES

diagrams of those processes are shown in Fig. 3.4. The tW and tW samples are simulated
with POWHEG, in the five-flavour-scheme (5FS) [57], whereas the s-channel events are
generated using aMC@NLO in the four-flavour-scheme (4FS). Those processes are minor
background sources, due to the smaller cross section at LHC, that are reported in Tab. 1.5
and Tab. 1.6.
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Figure 3.4: Feynman diagram at leading order of single top s-channel and tW associated production
backgrounds.

Drell-Yan events This background sample is generated with M_50 aMC@NLO and the
decays are simulated with MADSPIN. For the analysis purposes only Drell-Yan events with
the couple lepton-antilepton in the final state have been considered, since they are more
similar to the signal. The Feynman diagram of this process is shown in figure Fig. 3.5.
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Figure 3.5: Feynman diagram at leading order of Drell-Yan background.

Double vector boson events Those samples are generated with aMC@NLO or POWHEG
and the decays are simulated with MADSPIN [58, 59]. The Feynman diagrams of some of
those processes are represented in Fig. 3.6.
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Figure 3.6: diboson background

QCD multi-jet background This is an important source of background. the Feynman
diagrams at leading order of this QCD multi-jet events are shown in Fig. 3.7. The large
cross section and the large rejection power of the final event selection for the QCD multi-jet
processes makes it impossible to generate samples of simulated events in reasonable size.
To overcome this difficulty, this background contribution is suppressed as much as possible
and the remaining contamination is estimated directly from data. As will be described Sec.
3.4, some cuts are applied to the data sample to suppress the QCD multijet production.

g

q

q

q′

q′

(a)

g

q

q

q′

q′

g

(b)

Figure 3.7: qcd multi-jet background

In table Tab. 3.1 are listed the cross sections used in the analysis for each simulated
sample.
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3.2. EVENT RECONSTRUCTION

Signals σ(·BR) (pb)

STbb 136.02
STbb 80.95

STbb +STbb 216.99
STbq 0.27
STbq 0.17
STqb 0.27
STqb 0.17

Backgrounds σ(·BR) (pb)

(t + t)W associated production 71.1
Single (t + t) s-channel 10.32

tt 831.76
Z/γ(→ ``)+ jets 5765.4
W(→ `ν) + 0 jets 49670.0
W(→ `ν) + 1 jet 8264.0
W(→ `ν) + 2 jets 2544.0

WW(→ 2`2ν)+ jets 12.178
WW(→ 1`1ν)+ jets 45.85
WZ(→ 2`2ν)+ jets 5.595

ZZ(→ 2`)+ jets 3.22
WZ(→ 1`1ν)+ jets 10.71

Table 3.1: Monte Carlo samples used in the analysis. For the samples restricted to specific decay
channels the branching ratio (BR) is included in the cross section value quoted. The
notation STij (ST̄ij) stands for the single top (anti-top) t-channel with the ith quark in
production and the jth quark in decay.

Data sample The data sample used in this analysis consists of 2016 collision data at√
s = 13 TeV, corresponding to an integrated luminosity of L = 35.9 fb−1.

3.2. Event reconstruction

The reconstruction algorithm used in CMS is the so-called Particle Flow (PF) algorithm [60],
which aims to identify and reconstruct the single particles from pp collisions, combining
optimally information from the sub-detectors.
The CMS detector design ad layout is well suited to particle-flow (PF) reconstruction, since
it has a highly-segmented tracker, a fine-grained electromagnetic calorimeter, a hermetic
hadron calorimeter, a strong magnetic field, and an excellent muon spectrometer. Hence, the
event reconstruction is performed by a PF algorithm, tuned to the CMS detector.
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3.2. EVENT RECONSTRUCTION

The result leads to improved performances in the jet and τ leptons reconstruction, MET
(missing transverse energy) determination and muon and electron identification.
This approach also allows to identify particles from pile-up interactions and enables efficient
pileup mitigation methods.

3.2.1 The Particle Flow Algorithm
The PF algorithm is designed to [60]:

• maximize the separation between charged and neutral hadrons, exploiting a large field
integral and the good electromagnetc calorimeter granularity achieved in CMS;

• get an efficient pure track reconstruction;
• perform a clustering algorithm able to disentangle overlapping showers and an efficient

link procedure to connect together the deposits of each particle in the sub-detectors.

Tracks falling within the clusters’ boundaries are extrapolated through the calorimeters,
and are associated to the clusters. The set (tracks, cluster) is identified to be a charged hadron
and it is not considered anymore in the algorithm. Before of hadrons, muons are identified
so that their tracks is not associated to a charged hadron; for a more detailed description
about muon identification and reconstruction, see in Sec. 3.3.3.
Electrons are way harder to deal with, because of the bremsstrahlung emissions. A more
specific description of electrons reconstruction can be found in [61].
After all charged particles have been identified, the other calorimetric deposits are identified
in photons (neutral hadrons) if their deposits are in the ECAL (HCAL).

Once associated the calorimetric deposits to the particles, their four momenta are de-
termined. If the cluster energy (a linear combination of the ECAL and HCAL energies)
associated to the track exceeds the track momentum of more than 1 sigma, a neutral particle
is considered to be responsible of this excess. The energy associated to the neutral particle
is given by the difference of the two measurements. The resulting particle list containing
charged and neutral hadrons, photons, electrons and muons, is used to reconstruct more
complex quantities as jets, missing transverse energy (MET) and to identify and reconstruct
τ leptons.

3.2.2 Particle isolation
Particle isolation defined as the ratio of pT of all the objects within a cone around the particle

trajectory, expressed in the η − φ plane as ∆Rij =
√
(ηi − ηj)2 + (φi − φj)2, and the pT of the

isolated object. For the particle x, the isolation is so computed:

Ix =

Nobj

∑
i=0

pT(i|∆R)

pT(x)
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3.2. EVENT RECONSTRUCTION

Such variable is quantifies the energy deposited around the isolated object, as the muon or
electron. In this analysis it has been used the particle flow relative isolation, defined as follows:

Ix
rel =

Sch.h. + max((Sγ + Sn.h. − SP.U.), 0)
pT(x)

(3.1)

where Sch.h. , Sn.h. and Sγ are the sum of the transverse energies deposited by charged
hadrons, neutral hadrons, and photons respectively. In the muon case, SP.U. ≡ ∆β × ∑ pP.U.

T ,
is the sum of pile-up transverse momenta, corresponding to tracks associated to non-leading
vertices; it is used to estimate the contribution of neutral particles from pile-up events
by applying the ∆β multiplying factor, that is ∆β = 0.5, since it takes into account the
neutral-to-charged particles ratio expected from isospin invariance; this factor maps the
expected neutral contribution in the isolation cone from the observed PU charged one. The
data-to-MC correction factors for muon are obtained using a "Tag and Probe" method and
are applied to simulated events to account for differences in efficiencies between data and
simulation. For the electron the definition SP.U. ≡ ρ × A, where rho is the average energy
density not clustered in jets, and A is the effective area of the electron, i.e. the detector area
hit by the calorimetric deposit is fitted in the calorimeter in order to ge the electron energy2.
For this analysis, the working point chosen for the isolation cone is ∆R = 0.4, and a particle
is defined isolated if Ix

rel < 0.06 or anti-isolated if Ix
rel > 0.15.

3.2.3 Missing Transverse Energy
The vector momentum imbalance in the plane perpendicular to the beam direction is
particularly useful in pp and pp colliders, and is known as missing transverse momentum,
~/pT. Its magnitude is called missing transverse energy, /ET.

Missing transverse energy is one of the most important observables for discriminating
leptonic decays of W bosons and top quarks from background events which do not contain
neutrinos, such as multi-jet and DrellYan events, as will be explained later.

The reconstruction of /ET is very sensitive to particle momentum mismeasurements,
particle misidentification, detector malfunctions, particles impinging on poorly instrumented
regions of the detector, cosmic-ray particles, and beam-halo particles, which may result in
artificial /ET [62].

The missing transverse momentum is computed by the PF algorithm as the opposite
of the vectorial sum of the transverse momenta of the particles and the missing transverse
energy is its module.

2Since the ECAL is not homogeneus the shape of the cluster may vary with position; hence an effective area
is defined, from which is subtracted the Pile Up contribution that is assumed to be uniform.
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3.3. OFFLINE SELECTION

3.2.4 W boson transverse mass
To further suppress contributions from processes where the muon does not come from a
leptonically decaying W boson, a selection based the reconstructed transverse W-boson mass,
mW

T , can be applied. It is defined as:

mW
T =

√
(pTL + pTν)

2 − (pxL + pxν)
2 − (pyL + pyν)

2 (3.2)

where the transverse momentum of the neutrino is approximated by the missing trans-
verse energy vector /~pT.

This quantity plays an important role in the determination of the data-driven QCD
contribution.

3.3. Offline selection

A baseline selection on the events has been applied in order to have signal enriched samples,
from the HLT to lepton and jets quality requirements.

3.3.1 High Level Trigger selection
Muon channel events are required to pass the HLT_IsoMu24 OR the HLT_IsoTkMu24, that
correspond to the presence of an isolated online muon candidate with pT > 24 GeV/c.
Efficiencies for this trigger in simulation are corrected using data-to-MC scaling factors.
Muon efficiencies are calculated using the official "Tag and Probe" tool provided by the
Muon Physics Object Group [63] which utilizes the known resonances, for example J/ψ,
Z, to measure object efficiencies. In the tag-probe method, "tagged" muon is required to
pass a very tight selection where as the "probe" muon is required to pass a loose selection as
compared to the tagged muon. The "tag-and-probe" pair is selected such that the invariant
mass of tag-and-probe falls within the selected mass resonance window. The efficiency
(ε = Npassing probe/Nall ) both for the data and MC samples is extracted by fitting the resonance
peak. The data-to-MC simulation scale factors (SF) are than derived as SFs = εData/εMC.
As is shown in Fig. 3.8 the trigger efficiency for pT around the threshold is ∼ 95%, and for
pT & 40 GeV/c it is stabilized around the 99%.

Electron channel events must fulfill the HLT_Ele32_eta2p1_WPTight_Gsf_vX trigger, which
requires the online electron to have pT > 32 GeV/c and |η| < 2.1. Electron trigger efficiencies
are calculated using the official "Tag and Probe" tool provided by the E/gamma Physics
Object Group. The efficiency to select events with electrons having an HLT match was
estimated using a well known resonance decaying in the dileptonic channel, for example
the decay of a Z boson to two oppositely charged electrons. To select events with this
topology, an electron called "tag" passing tight selection criteria is required and an oppositely
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3.3. OFFLINE SELECTION

Figure 3.8: Muon trigger efficiency in bins in bins of pT two subsamples of the Run 2 (Run-BCDEF
and Run-GH) for Irel < 0.06 super imposed with trigger efficiency with Irel < 0.15 from
Muon POG.

charged electron called "probe" passing looser criteria is necessary. The invariant mass
of the dilepton-pair is restricted to be between 60 < me+e− < 120 GeV/c2. Splitting the
probes into collections, where one contains electrons with an HLT match, i.e. the "passing
probes", and one containing electrons without an HLT match, i.e. the "failing probes", allows
to estimate the efficiency as in the muon case (ε = Npassing probe/Nall). The scale factors
were hence calculated by dividing the efficiency estimated in data to the simulation one:
SFs = εData/εMC. As is shown in Fig. 3.9 the trigger efficiency for pT around the threshold
is ∼ 85% and the SF is around the unit.

Figure 3.9: Distribution of the efficiencies in data and MC and the corresponding SF in dependence
of the transverse momentum of the probe.
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3.3.2 Primary vertex requirements
From the sample of triggered events, only those with at least one primary vertex recon-
structed in the region |dz| < 24 cm , |dxy| < 2 cm with respect to the nominal interaction
point, are considered. Furthermore, a "good" primary vertex candidate has to be fitted with
ndo f > 4. A more detailed explanation of reconstruction of tracks and primary vertices can
be found in [64].

3.3.3 Muon identification and reconstruction
Muon tracks are reconstructed independently both in the inner tracker (tracker tracks) and
in the muon system (standalone muon tracks). Two approaches can be exploited for the
reconstruction:

• The Global muon reconstruction (outside-in). A tracker track is associated to every
standalone track by comparing the parameters of the tracks, and a global muon track
is fitted by combining tracker hits and muon system ones and using the Kalman
Filter method. For high pT the global muon fit improves the momentum resolution,
compared to the only-tracker one. This technique is designed to have an high efficiency
for muons crossing several stations.

• The Tracker muon reconstruction (inside-out). Tracks with pT > 0.5 GeV/c and p >

2.5 GeV/c are considered muon candidates and are extrapolated in muon system
considering the magnetic field, the average energy losses and the multiple scattering
in the detector. If at least a muon "segment" (i.e. a brief track whose hits are in one
or more DT/CSC) correspond to the extrapolated track, it is associated to a muon
candidate; this method is known as track-to-segment matching. This technique is more
efficient for low momenta since it requires just a segment in the muon system.

Thanks to the high reconstruction efficiency both in the tracker and in the muon system,
the ∼ 99% of muons which fall within the muon system detectors geometric acceptance is
reconstructed. The two techniques are often used together, since the combination of different
reconstruction algorithms provides a more efficient and robust reconstruction.
For the identification of muons there are several identification criteria with different selection
efficiency and fake or non-prompt muon rejection. The ones used in the analysis, are here
presented.
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Tight muon selection
The tight muon selection requires:

• a global reconstructed muon with a χ2/ndo f < 10, where the chi-squared refers to the
global track fit;

• at least one hit of a muon chamber considered in this fit;
• to have the Particle-Flow muon ID (see Sec. 3.2.1);
• muon segments must be in at least two muon stations;
• there must be at least 10 hits in the inner tracker (one of which must be in the pixel

tracker),
• there is a cut on number of tracker layers with hits > 5;
• a transverse (longitudinal) impact parameter to be |dxy| < 2 mm (dz < 5 mm) with

respect to the vertex;
• transverse momentum pT > 26 GeV/c;
• relative isolation Iµ

rel < 0.06 (see section 3.2.2). This cut is applied in order to discrim-
inate prompt muons (i.e. from hard interaction as Drell-Yan events or from W or Z
bosons) from hadronic decays in jets;

• Pseudorapidity range |η| ≤ 2.4.

Loose muon selection
The loose muon selection requires:

• global reconstructed or a tracker reconstructed muon;
• to have Particle-Flow muon ID (see section 3.2.1);
• to fall within |η| < 2.4;
• to have a transverse momentum pT > 10 GeV/c.

3.3.4 Electron selection
A specific electron track reconstruction is required and a specific treatment for the bremsstrahlung
photons in order to associate them to the electrons and to not double count them; in par-
ticular, in CMS the reconstruction of electrons is done with the Gaussian-Sum Filter (gsf).
Some quality criteria are applied based on nine variables through an optimized cut-based
approach [65]. The cuts for these working points depend on several factors, such as running
conditions, and are derived separately for each distinct data sample.
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Tight electron selection
Tight electron selection requires:

• a "GsfElectron", i.e. an electron track fitted with the Gaussian-Sum-Filter that is matched
to an active ECAL cell by the PF algorithm, with transverse energy ET > 35 GeV, |η| <
2.1, while excluding the ECAL barrel-endcap transition region of 1.44. < |η| < 1.57;

• transverse momentum pT > 32 GeV/c;
• Ie

rel < 0.06 (see section 3.2.2). This cut is applied in order to discriminate prompt muons
(i.e. from hard interaction as Drell-Yan events or from W or Z bosons) from hadronic
decays in jets;

• Pseudorapidity range |η| ≤ 2.1.

. The "tight" working point yields an efficiency of 80 − 90% for electrons above ET > 45 GeV.

Veto electron selection
Veto electron candidate have to pass a cut-based quality selection similar to the tight electron
selection defined above whereas the kinematic requirements are ET > 15 GeV, |η| < 2.5.

This analysis then uses the cut-based "electron veto" working point yielding an efficiency
of 98% at a plateau which is reached around ET > 45 GeV.

3.3.5 Leptons multiplicity selection
An event is selected if there is one lepton passing the tight selection (muon OR electron) and
no other leptons passing neither the tight or loose selections.

3.3.6 Jet selection
The jets are required:

• to be PF-CHS jets: jet clusterd from the PF candidates, with the pile-up reduction
technique of Charge Hadron Subtraction [66], where PF candidates from non primary
vertices are removed before clustering; the clustering algorithm used is the Anti-Kt
algorithm, with the requirement on the cone-size of R = 0.4. For more detailed
information on this clustering algorithm, see [67];

• transverse momentum pT > 40 GeV;
• jet distance from the lepton ∆R > 0.4.

3.3.7 The b-tagged jets
The b-tagging consists in the identification of jets originating from b quarks; b-tagging
algorithms exploit displaced tracks, the presence of secondary vertices or a combination of
the two kinds of information.
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In this analysis a combined multivariate analysis (cMVA) tagger is used as the b-tagging
algorithm. It exploits the combined secondary vertex algorithm, matching the track-based
lifetime information with secondary vertices inside the jet to provide a MVA discriminator
for b-jet identification.

3.3.8 Event selection
In this analysis, final state topologies are selected in order to have a signal enriched sample,
where a single top-quark is produced and decays in a d, s, or b quark and a W boson that
decays in a lepton-neutrino pair.
The Feynman diagram of signal events are shown in Fig. 3.1. Three different signals are
considered:

• S1 or STbb for the top quark, and STbb for the anti-top anti-quark. The top quark
is produced via the exchange of a W boson between the b quark (from a sea gluon
producing a bb couple) and the spectator quark, and decays in a couple bW: therefore
the b quark is both in the production and in the decay vertices, as shown in Fig. 3.1(a),;

• S2 or STbq for the top, and STbq for the anti-top anti-quark. In this case the top is
produced via the same interaction of S1, but decays in a d or s quark and a W boson.
The Feynman diagram of this process is represented in Fig. 3.1(b);

• S3 or STqb in the top quark case, and STqb for the anti-top anti-quark. This process
has a d or s quark in the top-quark production vertex, and then the top quark decays
in a bW pair. Since S3 is not distinguishable from S1 when sea quarks are considered,
it is restricted to the interaction of the d quark (in particular the valence one) with a
spectator quark, which is usually another valence quark. This signal, defined STdvb

(STdvb in the anti-top anti-quark case), has different kinematic features from the STbb .
The STqb and STdvb Feynman diagrams are represented in the left and right panels of
Fig. 3.1(c), respectively.

Single-top-quark via s-channel and via tW associated production are present in the sample,
but they are not considered as signals in this analysis.
Events with one muon in the final state and with different jet multiplicity of jets and b-jet
multiplicity are selected: 3 jet - 1 tag (3j1t) events, where there are three jets passing the
jet selection, one of which passes the b-tagging requirements too; the 2 jet - 1 tag (2j1t)
events, where there are two jets passing the jet selection, one of which passes the b-tagging
requirements too.

In addition to this baseline selection, other requirements have been performed in order
to reduce the background contributions.
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3.4. Estimation of QCD multi-jet background from data

The large cross section and rejection power of the final event selection for the QCD multi-jet
processes make it impossible to generate samples of simulated events in reasonable size. To
overcome this problem, this background contribution is suppressed as much as possible and
the remaining contamination is estimated directly with a data-driven technique; furthermore,
selected events usually populate the tail of kinematic distributions, thus it is important to
control this background from data. The estimation is performed in the anti-isolated lepton
region (Irel > 0.15), since it is QCD enriched, as is shown in Fig. 3.10. Furthermore, this
region is orthogonal to the selected one for the analysis (Irel < 0.06).
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Figure 3.10: Distribution of data and Monte Carlo samples in the muon-antiisolated region.

Figure 3.11 shows the distributions of the data with all the MC samples (the so-called
stacked plot) without the QCD contribution, in 2j1t and 3j1t channels, where the lepton is
a muon. The variable mT

W provides the highest separation power between QCD multi-jet
events and other processes including the t-channel single-top-quark process. The mW

T variable
is also used to estimate the remaining contribution by fitting their distributions over the
entire range, i.e., without applying the described requirement. A maximum likelihood fit
is performed on the distribution using two probability distribution functions, one for the
QCD multi-jet process and one for all other processes. The latter distribution is obtained by
adding the different non-QCD contributions from simulation, including the t-channel signal,
according to their theory predictions, while the former is derived from a side-band region
enriched in QCD multi-jet events. The resulting distributions before and after the fit for the
3j1t and 2j1t channels are shown in Fig. 3.13. The distributions of mW

T after the fit are shown
in Fig. 3.13. Good agreement between the fit results and the data is found. In addition to the
baseline selection discussed in Sec. 3.3.8, a cut on mW

T is performed: mW
T > 50GeV/c2.

57



3.4. ESTIMATION OF QCD MULTI-JET BACKGROUND FROM DATA

20

40

60

80

100

310×

E
ve

nt
s 

/ b
in Data  500)×(b,q+STq,bST

tt tW
W + Jets Z + Jets
VV t, s-ch

b,bST Stat. Unc.

  (13 TeV)-135.9 fb

CMS
Preliminary

+2j1tµ

0 50 100 150 200 250
 [GeV]W

Tm

0.8

1

1.2

D
at

a 
/ B

kg

(a) 2j1t without QCD contribution

10
20

30
40
50
60

70
80
90

310×

E
ve

nt
s 

/ b
in Data  500)×(b,q+STq,bST

tt tW
W + Jets Z + Jets
VV t, s-ch

b,bST Stat. Unc.

  (13 TeV)-135.9 fb

CMS
Preliminary

+3j1tµ

0 50 100 150 200 250
 [GeV]W

Tm

0.8

1

1.2

D
at

a 
/ B

kg

(b) 3j1t without QCD contribution

0.02

0.04

0.06

0.08

0.1

0.12

610×

E
ve

nt
s 

/ b
in Data  500)×(b,q+STq,bST

tt tW
W + Jets Z + Jets
VV QCD
t, s-ch b,bST
Stat. Unc.

  (13 TeV)-135.9 fb

CMS
Preliminary

+2j1tµ

0 50 100 150 200 250
 [GeV]W

Tm

0.8

1

1.2

D
at

a 
/ B

kg

(c) 2j1t with QCD contribution pre-fit

20

40

60

80

100
310×

E
ve

nt
s 

/ b
in Data  500)×(b,q+STq,bST

tt tW
W + Jets Z + Jets
VV QCD
t, s-ch b,bST
Stat. Unc.

  (13 TeV)-135.9 fb

CMS
Preliminary

+3j1tµ

0 50 100 150 200 250
 [GeV]W

Tm

0.8

1

1.2

D
at

a 
/ B

kg

(d) 3j1t with QCD contribution pre-fit

Figure 3.11: Estimation of QCD background from the anti-isolated muon region. The upper panels
show the comparison between data and simulation without the QCD contribution, and
the lower ones contain the QCD estimation before applying the fit to the signal region.
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Figure 3.12: Fit to the mW
T distribution for events with muons in the 2j1t (left), 3j1t (right) before and

after the fit, respectevely in the upper and lower panels. The QCD template is extracted
from a sideband region in data. For the fit, only statistical uncertainties are considered.
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Figure 3.13: Distribution of mW
T after the fit.
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4
The top-quark reconstruction

This chapter focuses on the selection of the lepton-jet pair coming from the top quarks.
Figure 3.1 shows the Feynman diagrams of the events of interest: single-top-quark produced
by the interaction of a quark with a sea (or valence) quark. The quark that recoils against the
top quark is called "spectator" quark. The decay processes are t → Wq, and then W → `ν.
So the final states of interest contain: one lepton-neutrino pair coming from the W decay
and at least two jets, coming from the spectator quark and from the tWq vertex).
Leptons and jets are reconstructed in the detector, whereas the neutrino’s observables can be
inferred from the Missing Transverse Energy.
There are two different sources of background that simulate the processes of interest:

• Physical background, due to events that have the same final state configuration with
respect to the signal, but they are produced by a different physical mechanism: the
main sources of this background are the tt pair production, the W/Z production
associated with jets;

• Combinatorial background: this is related to the choice of the lepton-jet pair in the events.
Although there is just one selected lepton, the jet multiplicity varies from 2 to 3, so a
wrong selection of the jet for the top-quark reconstruction leads a contribution to this
background.

Two different approaches to reduce the combinatorial background will be presented and
compared in this chapter.
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4.1. COMBINATORIAL BACKGROUND

4.1. Combinatorial background

Section 3.3 describes the final state topologies selected to get a signal-enriched sample. In
the 3 Jets - 1 Tag (3j1t) final state configuration, the selected jets are: the b-jet, that passes
b-tagging requirements; the forward jet, the one that is supposed to come from the spectator
quark, that goes preferentially along the direction of the incoming proton; finally, the extrajet,
the third, less energetic jet, that, in signal events, is supposed to come from the gluon-
splitting.
In the 2 Jets - 1 Tag (2j1t) final state configuration, the selected jets are the same of the 3j1t
ones. In this topology, there is an extrajet if another jet passes looser requirements with
respect to the ones discussed in Sec. 3.3.6, but it will not be considered in this analysis. For
each jet in both the categories there is an associated reconstructed top-quark candidate.
The combinatorial background arises from the wrong lepton-jet pair selection. Figure 4.1(a)
shows the top-quark reconstruction with the correct jet, i.e. the one coming from the
top-quark decay; Fig. 4.1(b) and Fig. 4.1(c) show the wrong selection of the jets, that are
coming from the gluon-splitting (GS) and the spectator quark, respectively. To deal with this
background source the basic idea is to select variables with high discrimination power in
order to separate the correct lepton-jet pair from the wrong ones.

4.2. Variables of interest

In order to perform an unbiased selection, the reconstructed top quark is selected without
looking at its kinematic variables or at the jets b-tagging, but considering only:

• jet kinematic variables: transverse momentum pTjet , pseudorapidity ηjet;
• lepton variables: charge Qlep, transverse momentum pTlep , pseudorapidity ηlep;
• lepton-jet pair variables: distance ∆Rlep−jet, invariant mass mlep−jet;
• global variables: W reconstructed transverse mass (defined in Sec. 3.2.4) mW

T , missing
transverse energy.

The idea is to re-organize the jets for each event by the probability of the jet to be originated
from a top, the jet score. This has been done in two different ways:

• taking a 2D distribution from Monte Carlo (MC) samples, using the two observables
that achieve the best separation between signals and combinatorial background, and
then evaluating the likelihood ratio in the bakground and signal hypotheses. This is
exploited to order the jets, and to compute the ROC curve, as it is explained in Sec. 4.3;

• with a multivariate discriminant, based on the variables listed above, obtained with
different machine learning techniques (a Boosted Decsion Tree and an Artificial Neural
Network), discussed in Sec. 4.4.

The two approaches are then compared and the jet score is computed with the method that
achieves the best performances.
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(c) Jet associated to the spectator quark.

Figure 4.1: Possible jet combinations for the top-quark reconstruction in signal events. In Fig. 4.1(a)
it is shown the correct lepton-jet combination, whereas in Fig. 4.1(b) and Fig. 4.1(c) the
chosen (red lines) jets are not associated to the top quark, but they are from the gluon-
splitting process and the spectator quark associated jet, respectively.

4.3. Jet classification with the likelihood ratio

The first step in order to separate the signal from the combinatorial background is to identify
the variables that operate the best discrimination, in order to build a 2D likelihood, the
distribution of the events in the 2D plane in those variables. The variables among those
mentioned in Sec. 4.2 that achieve the best separation are shown in Fig. 4.2, and are found to
be ∆R and mlep−jet. The background contributions are divided in two components: the jet
coming from the GS quark and all the other jets, that are mainly the forward jet other jets
that are not part of the event.
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After the variables selection, a 2D likelihood in ∆R and mlep−jet has been built both in
the signal hypothesis and in the background one, as it is shown in Fig. 4.3. In Sec. A there
are the 2D likelihood distribution under the two different background hypotheses too.
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Figure 4.2: Distributions of the variables used to build the 2D likelihood: ∆Rjet−lep in the left panels,
lepton-jet invariant mass in the right panels, in the 3j1t (upper panels) and 2jt (lower
panels) final state configurations, for the STbb sample.

63



4.3. JET CLASSIFICATION WITH THE LIKELIHOOD RATIO

When the top quark is produced by the interaction of a sea quark (d, s, or b) with
a valence one, the top-quark decay products are supposed to have the same kinematic
features, up to minor differences in the sea quarks parton distribution functions (PDFs). This
assumption does not apply in the STdb case where the d quark is one of the valence quarks,
since they have a very different Bjorken x spectrum with respect to sea quarks, thus the
kinematic distributions of final state particles are different compared to the cases when a
sea quark is involved. Moreover, the STdb component is less relevant with respect to the
STbb one. In this analysis kinematic differences of the two signals are thus neglected and
the 2D likelihood is chosen to be the distribution in the ∆Rjet−lep - mlep−jet plane for the STbb

sample.
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Figure 4.3: Likelihood 2D under the H1 hypothesis (left panels) and H0 hypotesis (right panels) for
the 3j1t final state topology (upper panels) and for the 2j1t final state topology (lower
panels).
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The performance of a selection criterion can be considered optimal if it achieves the
smallest mis-identification probability for a fixed value of the selection efficiency [68].
According to the Neyman-Pearson lemma [69], test statistic that achieves the best separation
between two hypotheses, H0 and H1, is given by the ratio of the likelihood functions
L(∆Rlep−jet, mlep−jet|H1) and L(∆Rlep−jet, mlep−jet|H0).

λSTbb(∆Rlep−jet, mlep−jet) =
L(∆Rlep−jet, mlep−jet|H1)

L(∆Rlep−jet, mlep−jet|H0)
,

where L is the 2D likelihood for the STbb channel, H1 denotes the signal hypothesis, i.e. the jet
is a top-quark decay product, and in H0 denotes the background hypothesis, corresponding
to a jet that is not a top-quark decay product.
For each jet in the events and for each sample, λSTbb(∆Rlep−jet, mlep−jet) has been computed:
it corresponds to the probability for a jet to be originated from a top.
A Receiver Operating Characteristic (ROC) curve has been computed: it represents the
true positive rate (the signal efficiency), versus the false positive rate (the mis-identification
probability). The ROC curve has been plotted in order to eventually select the working
point and to compare it with machine-learning output based selections (see Sec. 4.4). Figure
4.4 shows the likelihood ratio and the ROC curve for the STbb sample with a muon in the
final state. The likelihood ratio distributions of some other samples involving top-quark
production are in App. A.

4.4. Multi-variate jets classification

The jet selection with the likelihood ratio could be in line of principle further optimized
by evaluating the likelihood in a more variables. This is called multivariate analysis (MVA).
Nevertheless, this requires to build multi-dimensional histograms and the number of bins for
each one explodes exponentially with the increase of the dimensions. Therefore, the number
of events for each bin becomes too small to give an accurate estimation of the likelihood.
This phenomenon is known as the curse of dimensionality.

The Neyman-Pearson lemma sets an upper limit to the performance of any possible mul-
tivariate discriminant: the exact evaluation of the likelihood function in the two hypotheses
H0 and H1 is not always possible, and approximate methods have been developed in order
to approach the performance of an ideal selection based on the multi-dimensional likelihood
ratio, the limit set by the Neyman-Pearson lemma. Among those approximate methods there
are machine-learning algorithms, such as Artificial Neural Networks and Boosted Decision
Trees [68].
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Figure 4.4: Likelihood ratio distribution for the signal and the background events (left panels) and
corresponding ROC curves by varying the cut (right panels) for the STbb data sample, in
3j1t and 2j1t configurations (upper and lower panels, respectively).

4.4.1 Machine-Learning algorithms
Machine learning (ML) is a sub-field of artificial intelligence that involves the development
of self-learning algorithms, whose goal is to gain knowledge from the data sample and to
make predictions [70]. There are three types of machine learning algorithms:

• Supervised learning: it learns a model from labeled training data that allows to make
predictions about unseen data. The term "supervised" refers to a set of samples
where the desired output signals (labels) are already known. Supervised learning is
well suited in classification or regression problems, where the predictions are discrete
or continuous, respectively. The model in supervised learning usually refers to the
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mathematical structure of by which the prediction yi is made from the input xi.
• Reinforcement learning, where the goal is to develop a system (named agent) that

improves its performance based on interactions with the environment. Through the
interaction with the environment, an agent can then use reinforcement learning to
learn a series of actions that maximizes this reward via an exploratory trial-and-error
approach or deliberative planning.

• Unsupervised learning: it is used with unlabeled data or data of unknown structure, in
order to extract meaningful information without the guidance of a known outcome
variable or reward function.

The prediction value can have different interpretations, depending on the task, i.e., regression
or classification. The discriminant output value can be taken as a test statistic too, and in
this case it can be adopted to perform the signal selection.
In this part of the analysis, classification supervised learning is used to classify jets coming
from a top quark in the data sample knowing the MC truth for the signal samples.

Classification It is a subcategory of supervised learning, where the goal is to predict the
labels of new samples based on past observations, among discrete possible labels that identify
different classes. The algorithm receives as input a set of discriminating variables, each of
which individually does not allow to reach an optimal selection power, then it computes an
output that combines the input variables.

The objective function The task of training the model consists in finding the parameters
set ~θ that best fits the training data ~xi and known labels yi. In order to train the model,
an objective function that measures how well the model fits the training data needs to be
defined.
The objective function is divided in two parts, training loss and regularization term:

obj(θ) = L(θ) + Ω(θ)

where L is the training loss function and Ω is the regularization term. The first measures
how predictive the model is with respect to the training data, whereas the regularization
term controls the complexity of the model, in order to avoid overfitting, that occurs when
the ML algorithms learns some specific features of the training sample that are not general
and therefore is not performing in the prediction as well as in the training. The trade-off
between the two is also referred as bias-variance trade-off.

4.4.2 Artificial Neural Networks
Artificial neural networks (ANN, or simply NN) are supervised machine learning algorithms
vaguely inspired by the biological neural networks that constitute animal brains. There are
single-layer and multi-layers NN. A schematic view of the principle of working of a NN is
shown in Fig. 4.5.
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(a) single-layer (b) multi-layer

Figure 4.5: Scheme of neural networks with one (left panel) or more (right panel) hidden layers.

The basic example of a NN machine learning algorithm is the single layer NN (Fig. 4.5(a)),
but its performances substantially increase if some hidden layer is added (Fig. 4.5(b));
although the price to pay is in the complexity of the algorithm. In order to avoid overtraining,
while building a NN, a trade-off between the parameters of a NN (such as the number of
hidden layers) and the efficiency of the algorithm must be found and chosen as working
point.

One of the main Python-based libraries that implement a great variety of tools to build a
NN is keras [71].

Single layer neural network
A schematic view of a single layer neural network can be found in Fig. 4.5(a): here, a
linear combination of the features xi with the coefficients wi, z = w0 + ∑m

i=1 wixi is taken as
input for a so-called activation function f (z). The weights are initialized to certain values,
the output value ŷ is computed through the activation function and it is then compared
to the known y value. This is done in order to update the weights wj → wj + ∆wj, with
∆wj = η(y(i) − ŷ(i))xj, where η is the learning rate, a constant parameter in the range [0, 1],
y(i) is the known outcome of the ith training sample and ŷ(i) is the algorithm prediction.

The main activation functions used to build a NN are:

• step function : f (x) =

{
0 for x < 0

1 for x ≥ 0
• linear f (x) = x. This is often coupled with the the step function since its range is R,

especially when the label is binary;
• sigmoid or logistic function: f (x) = 1

1+e−x , in the range [0, 1]. It is used often for models
that aim to predict the probability as an output;

• hyperbolic tangent: f (x) = tanh(x). The shape is similar to the sigmoid, but its range is
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[−1, 1]. It is often used for binary classification;
• Rectified Linear Unit (ReLU): f (x) = max(0, x). It is the most used activation function;

its range is [0, ∞).

The objective function is divided into the training loss term and the regularization term.
The loss function varies with the machine learning algorithms. For the neural networks, the
most common loss function used are:

• the sum of squared errors (SSE): J(w) = 1
2

n
∑

i=1
(y(i) − ŷ(i));

• the logistic regression loss function: J( f (z), y; w) =
n
∑

i=1
−log( f (z(i)))− (1− y(i))log(1−

( f (z(i)))). This can be minimized through the gradient descendent method [70].

Multi layer neural network
To build a multi layer neural network one has to choose:

• the model: in this analysis the sequential model is chosen: it is a linear stack of layers.
• the model needs to know what input shape it should expect. For this reason, the

first layer in a sequential model (and only the first, because following layers can do
automatic shape inference) needs to receive information about its input shape;

• the single-layer parameters: for this analysis dense layers are chosen. This means that
each neuron in a layer receives an input from all the neurons present in the previous
layer; thus, theyre densely connected. The values of the layers parameters used in this
analysis are listed in Tab. 4.1;

• the learning rate, chosen to be 0.001;
• the loss function: for this analysis the loss function is the binary cross entropy;
• the metric: the chosen one is the accuracy metric.

Other adjustable single-layer parameters are set to their default values in this analysis.

Parameter Type Layer Chosen value

units int
1

2 , 3
4

12
8
1

activation
function

string
1

2 , 3
4

ReLU
ReLU

sigmoid

Table 4.1: List of some ANN parameters’ choices for each layer.
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4.4.3 Boosted Decision Tree in XGBoost

Decision trees
The decision tree model learns from a series of questions the features of the training set, and
exploits those information to the infer the class labels.

The decision algorithm starts at the tree root and splits the data on the most informative
feature. In an iterative process, this splitting procedure is repeated until all the samples in
each node belong to the same class. In practice, this can result in a very deep tree with many
nodes, which can easily lead to overfitting. Thus, one typically wants to prune the tree by
setting a limit for the maximal depth of the tree that achieves a good separation without the
risk of overfitting.

In the decision trees algorithms, the objective function is the information gain:

IG(Dp, f ) = I(Dp)−
m

∑
j=1

Nj

Np
I(Dj),

where f is the feature that performs the split, Dp,j are the dataset and Np,j are the samples of
the parent and the jth child node, respectively, I is the impurity measure. It is the difference
between the impurity of the parent node and the sum of the child node impurities (the lower
the impurity of the child nodes, the larger the information gain) and it has to be maximized
at each split. For the sake of simplicity and to reduce the combinatorial search space, most
libraries implement binary decision trees.

XGBoost Classifier
The model choice of XGBoost (XGB) Classifier is the decision tree ensemble, a set of classifi-
cation and regression trees (CART) [72]. In decision trees the leaf only contains decision
values, whereas in CART a real score is associated with each of the leaves, which gives richer
interpretations that go beyond classification. Usually, a single tree is not strong enough to be
used in practice. What is actually used is the ensemble model, which sums the prediction of
multiple trees together. The prediction scores of each individual tree are summed up to get
the final score. The model can be written as follows:

ŷi =
K

∑
k=1

fk(xi) , fk ∈ F ,

where K is the number of trees, f is a function in F , the functional space, that is the set of all
the possible CARTs.

The objective function to be optimized is given by:

obj(θ) =
n

∑
i=0

l(yi, ŷi) +
K

∑
k=1

Ω( fk) (4.1)
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One of the most used loss function is the mean squared error (MSE) function. Possible ways
to define the regularization functions are given by parameters such as the number of notes
in the tree or the depth and the L2 norm of leaf weights.

Additive training: boosting Equation 4.1 does not answer the problem to how train the
trees. To do it, one must know the parameters of the trees, and therefore needs to learn the
functions fi in Eq. ??, each containing the structure of the tree and the leaf scores. Learning
tree structure is much harder than traditional optimization problem where you can simply
take the gradient; an additive strategy is used: fix what one has learned, and add one new
tree at a time. The prediction value at step t as ŷ(t)i is given by:

ŷ(0)i = 0

ŷ(1)i = f1(xi) = ŷ(0)i + f1(xi)

ŷ(2)i = f1(xi) + f2(xi) = ŷ(1)i + f2(xi)

· · ·

ŷ(t)i =
t

∑
k=1

fk(xi) = ŷ(t−1) + ft(xi).

For each step the chosen tree optimizes the objective function:

obj(t) =
n

∑
i=1

l(yi, ŷ(t)i ) +
t

∑
i=0

Ω( fi)

=
n

∑
i=1

l(yi, (ŷ
(t−1)
i + ft(xi))) + Ω( ft) + const .

The goal is thus to find ft to minimize the objective function. By developing in Taylor series
the objective function one gets:

obj(t) =
n

∑
i=1

[
gi ft(xi) +

1
2

hi f 2
t (xi)

]
+ Ω( ft),

where gi = ∂ŷt−1 l(yi, ŷ(t−1)), hi = ∂2
ŷt−1 l(yi, ŷ(t−1)). Even if it seems to be way more compli-

cated then just grow trees, this method gives more control on what we are learning and it
ensures the convergence.
For what concerns the regularization term, a good definition is:

Ω( ft) = γT +
1
2

λ
T

∑
j=1

w2
j , (4.2)

where the first term is the number of leaves multiplied for a certain parameter γ that is
adjustable, and the second part is the L2 norm1 for the leaf scores.

1For more detailed information on the L2 norm regularization see [70].
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XGBoost Classifier parameters
The XGBoost Classifier is trained on the STbb sample and returns the output for the data and
all the samples. It has a large variety of parameters that can be adjusted in order to achieve
the best performances. In Tab. 4.2 are reported the main ones, their meaning and the choices
for them.

Parameter Type Chosen value

max depth integer 4 maximum tree depth for base learners

learning rate floating in [0, 1] 0.32 reweighting for trees correction2

number of estimators integer 100 number of trees to fit

objective string binary logistic objective function to be used 3

γ floating 0 the parameter γ in Eq. 4.2

minimum child weight integer 0.4 minimum sum of instance weight(hessian) in a child4

reg α floating 0 L1 regularization term coefficient

reg λ floating 0 L2 regularization term coefficient

Table 4.2: List of the main parameters of the XGB Classifier algorithm with the values adopted in
this analysis.

2A large value of the learning rate can produce overfitting.
3It can be callable too, if one wants a custom objective function.
4The greater is, the more conservative the algorithm is.
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4.4.4 Machine learning selection results
In Fig. 4.6 and Fig. 4.7 are shown the XGB Classifier and the NN outputs and their respective
ROC curves. In both the cases the training has been performed on the STbb and STbb samples,
as well as the evaluation of the likelihood ratio. The machine learning algorithms output
distributions and their respective ROC curves for some other samples involving top-quark
production are in App. A.
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Figure 4.6: XGB Classifier output distribution for the signal and the background events (left panels)
and corresponding ROC curves (right panels) for the STbb data sample, in 3j1t (upper
panels) and 2j1t (lower panels) final states.
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Figure 4.7: NN output distribution for the signal and the background events (left panels) and
corresponding ROC curves (right panels) for the STbb data sample, in 3j1t (upper panels)
and 2j1t (lower panels) final states.

4.5. Likelihood ratio vs ML algorithms

Figure 4.8 shows the comparisons between the 2D likelihood ratio based selection and the
machine learning ones. Since the XGB Classifier has the highest ROC curve (or, equivalently,
the largest Area Under the Curve), the final choice for the jet ordering is the XGB Classifier
output. Table 4.3 summarizes the importance of the training variables set for the XGB
Classifier.

The top-quark production processes are considered to be equivalent in this analysis, for
what concerns the variables used in the training as well as while computing the likelihood
ratio in Sec. 4.3. For this reason the only samples considered for the training are STbb and
STbb . Adding all the samples involving the top-quark and the anti-top anti-quark could
improve the jet selection in both the approaches.
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Figure 4.8: ROC curves for the 2D likelihood ratio based selection (blue line), the XGB Classifier
(green line) and the ANN (red line) machine learning algorithms.

variable importance

mlep−jet 59.5%
Ylep 9.3%
pTlep 7.9%
ηjet 7.9%
pTjet 6.4%
Ylep 4.4%

∆Rlep−jet 2.5%
ηlep 1.9%

lepton Charge 0.2%

Table 4.3: List of the variables used in the training and their importance for the XGB Classifier.

The jet classification with XGB Classifier has been performed on both MC and data
samples. After having obtained the jet score, that is the output of the XGB Classifier, jets
have been sorted from the jet with highest score (jet best) to the jet with lowest score (jet
second or, when there is, third best). The jet score represents the probability for a jet to come
from a top-quark decay. Figure 4.9 shows the jet scores for the best and the second best jet.
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Figure 4.9: Jet score for the best and second best jet in the 3j1t (upper panels) and 2j1t (lower panels)
final state configurations.

4.5.1 Monte Carlo Reweighing
There is a difference between data and MC samples in the machine-learning output, mainly
due to variables correlations, and to the top-quark reconstruction, that is difficult to precisely
reproduce in simulations. To account for this effect, a reweighing procedure has been
performed: the idea is to define a signal-depleted region and to evaluate the ratio between
data and simulation as a function of the jet best score, then to apply them as weight in the
signal-enriched region. To define these orthogonal regions the variable |η f orward|, that is the
pseudo-rapidity of the most forward jet in each event, has been chosen, since it should not
be correlated with the jet score.
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The distributions of η f orward vs jet best score in the 2j1t and 3j1t channels for the signals
and for the main backgrounds are shown in Fig. 4.12 and Fig. 4.13, respectively. As it was
expected, there is no appreciable correlation between the two variables. Therefore in the
2j1t (3j1t) channel the control region5 (CR), is determined by |η f orward| < 2 (|η f orward| < 2.5),
where the weights were computed in the jet best score variable.
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Figure 4.10: Jet best score distribution before (left) and after (right) reweighting in the CR, for 3j1t
(upper panels) and 2j1t (lower panels) categories.

After having evaluated the ratio of Data/MC in the CR, the weights have been applied
both in the CR itself, as a check, and in the signal region (SR), as shown in Fig. 4.10 and
Fig. 4.11, respectively.
In the CR the agreement is perfect for construction; in the SR it is good too. Further

5It corresponds to a signal depleted region.
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improvements can be object of study, since this is a rough reweighing; in addition, the
systematic errors are not yet accounted for.
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Figure 4.11: Jet best score distribution before (left) and after (right) reweighting in the SR, for 3j1t
(upper panels) and 2j1t (lower panels) categories.

78



4.5. LIKELIHOOD RATIO VS ML ALGORITHMS

4− 2− 0 2 4
forward

η
0

0.2

0.4

0.6

0.8

1

Je
t s

co
re

_b
es

t

0

0.2

0.4

0.6

0.8

1

310×

(a) 3j1t STbb

4− 2− 0 2 4
forward

η
0

0.2

0.4

0.6

0.8

1

Je
t s

co
re

 b
es

t

0

0.5

1

1.5

2

2.5

3

3.5

4
310×

(b) 2j1t STbb

4− 2− 0 2 4
forward

η
0

0.2

0.4

0.6

0.8

1

Je
t s

co
re

 b
es

t

0

5

10

15

20

25

30

35

40

(c) 3j1t STbq

4− 2− 0 2 4
forward

η
0

0.2

0.4

0.6

0.8

1

Je
t s

co
re

 b
es

t

0

5

10

15

20

25

30

35

(d) 2j1t STbq

4− 2− 0 2 4
forward

η
0

0.2

0.4

0.6

0.8

1

Je
t s

co
re

 b
es

t

0

10

20

30

40

50

60

(e) 3j1t STdb

4− 2− 0 2 4
forward

η
0

0.2

0.4

0.6

0.8

1

Je
t s

co
re

 b
es

t

0

50

100

150

200

250

300

350

400

450

(f) 2j1t STdb

Figure 4.12: Distributions of jet best score vs η f orward for the signal samples: from top to bottom there
are STbb , STbq and STdb in 3j1t (left) and 2j1t (right) final state configurations.
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(e) 3j1t Diboson
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Figure 4.13: Distributions of jet best score vs η f orward for the main background samples: from top to
bottom there are tt, W+Jets and diboson production in 3j1t (left) and 2j1t (right) final
state configurations.
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5
Signal extraction

In order to extract the value for |Vtb|, |Vts| and |Vtd| parameters, three different signal regions
have been defined, allowing to fit the main background contributions and differentiate among
the signals. A simultaneous maximum likelihood fit is performed, in order to extract |Vtb|4,
the sum |Vts|2+|Vtd|2 and the ratio Rsd =|Vts|2/|Vtd|2. An upper limit has been set on the
sum |Vts|2+|Vtd|2.

5.1. Signal features

The predicted branching fractions of top quark to d, s, and b quarks can be written as a
function of the overall magnitude of the following quantity:

B(t → Wq) =
|Vtq|2

|Vtd|2 + |Vts|2 + |Vtb|2
.

The decay is assumed to differ only by the strength of the coupling between the top quark
and the down-type quark, whereas the kinematic part is the same for all the down-type
quarks. The theoretical input for |Vtq| and B(t → Wq) are shown in Tab. 5.1.

Quark b s d

|Vtq| 0.999119+0.000024
−0.000012 0.04108+0.00030

−0.00057 0.008575+0.000076
−0.000098

B(t → Wq) 0.998239+0.000048
−0.000024 0.0016876+0.0000025

−0.0000047 0.000074+0.000013
−0.000017

Table 5.1: Values of the third-row elements of the CKM matrix inferred from low-energy measure-
ments [1], with the respective values of the top quark decay branching fractions.

The channels considered as signal and the corresponding cross sections are reported in
Tab. 5.2. The cross sections are evaluated at NLO in the five-flavour scheme using POWHEG
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5.1. SIGNAL FEATURES

2.0, for σtch.,d/s, and using HATHOR for σtch.,b.

Process Cross section × branching fraction (pb)

σt−ch.,bB(t → Wb) 216.99 ± 8.37 (scale ⊕ pdf)
σt−ch.,b(B(t → Ws) + B(t → Wd)) 0.41 ± 0.05 (scale ⊕ pdf ⊕ exp)

σt−ch.,dB(t → Wb) 0.102 ± 0.015 (scale ⊕ pdf ⊕ exp)

Table 5.2: Production cross section of signal processes: in the uncertainty, the "scale" component
refers to renormalization and factorization scale uncertainties, the "pdf" part contains
the contribution to the uncertainty due to the PDFs, and "exp" denotes the experimental
component of the uncertainty from low-energy measurements.

The signatures for single-top-quark t-channel processes involving |Vtb|, |Vts| and |Vtd|
either in production or decay differ in three aspects: the number of b-tagged jets produced,
the features of the jet involved in the reconstruction of the top-quark candidate, and the
kinematic features of the events as a result of different PDFs involved for b, s, or d incoming
quarks or in the case where the d is the valence one.

The discrimination between the three signals STbq , STqb , and STbb is based on the
following considerations:

• STbb events should have two b quarks in the final state: the samples with 2 b-tagged
jets in the final state are enriched in this signal. This final state configuration is not
considered in the analysis, as the regions with 2 b-jets have a less favorable signal-
to-background ratio. In the final state configurations with 1 b-tagged jet in the final
state, the b-tagged jet is typically the one associated to the top quark. Nevertheless,
there is a fraction of events that have the jet associated to the reconstructed top quark
that is not b-tagged, where the b-tagged jet is the one from the quark coming from the
gluon splitting, but this constitutes a small fraction of the total events. In the 2j1t the
fraction of b-jets coming from the top is ≈ 85%, whereas in 3j1t this fraction is much
lower (≈ 50%), since more stringent requirements are applied on the extrajet too. So,
both the 2j1t and 3j1t samples are enriched in this process, but in this analysis the 2j1t
samples are chosen to fit the STbb signal;

• the STbq channel does not distinguish |Vtd| and |Vts|. This sample should have a low
energy b-tagged jet, coming from gluon splitting, while the jet associated to the right
top quark should be neither the forward jet or the b-tagged jet. Hence, the 2j1t sample
will be depleted, whereas the 3j1t should be enriched in this signal;

• the STsb events have a very similar kinematics to the STbb ones and are not distinguish-
able from the STbb channel when one of the two b-jets is not tagged, as in 3j1t and 2j1t
final state configurations. For those reasons they are not considered in the analysis.
The STdb events with the valence d quark have different kinematic features, and hence
are the only STqb events considered;

• both STqb and STbq processes therefore differ from STbb by having a single b quark in
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5.1. SIGNAL FEATURES

the final state, as opposed to two for the latter process. However, this feature can only
be exploited when the jet from gluon splitting is energetic enough to be reconstructed,
and this feature is not exploited in this analysis since the final states considered have
just one b-tagged jet in the final state. This feature can be object of further studies.

The kinematic and angular properties of the top-quark decay products will exhibit some dif-
ferences depending on whether the correct jet is chosen, or if the jet that originated from the
gluon splitting-quark is used instead. This effect is clear looking at the differences between
distributions of the jets with higher or lower jet score, as shown in Fig. 5.1. Furthermore,
those distributions show that the events with jet score best > 0.5 are signal enriched.
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Figure 5.1: Reconstructed top-quark mass distributions with the requirements on the jet score for the
best jet to be less (left panels) or larger (right panels) than 0.5.
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5.2. Signal region and fit variables

Data and MC samples have been divided in three regions based on the final state topologies
and other requirements, in order to get a better discrimination between the signals and the
backgrounds. Each region is optimized for a particular signal (STbb , STbq or STdb ).
All the regions have three common requirements:

• the mW
T > 50 GeV/c2 condition, that allows to select a QCD-depleted sample;

• |η f orward| > 2.5 (2) in the 3j1t (2j1t) final state configuration: this condition is applied to
account for the MC reweighing (see Sec. 4.5.1);

• jet score best > 0.5 is required in order to get a single-top enriched sample.

In order to get a STbb enriched region, the 2j1t final state configuration is chosen, and
the fit variable is |η f orward|. Both the main backgrounds (tt and W+Jets) and the STbb signal
contribution are evaluated in this region.

A STdb enriched region is found in the events with the 3j1t final state configuration,
with the requirements on the best jet to be b-tagged. Since this region is enriched in the STbb

events too, the fit variable is the output of the XGB Classifier trained to discriminate the STdb

from the STbb events.
Finally, to identify a STbq enriched region, the 3j1t final state configuration has been

chosen, requiring the best jet not to be b-tagged and the second best jet to be b-tagged. This
region is orthogonal to the previous one and achieves a optimization for this particular
signal, but contains the fraction of STbb events where the b-tagged jet does not come from the
top-quark decay, that is ≈ 50%. Therefore, the fit variable is the output of the XGB Classifier
trained to discriminate the STbq from the STbb events.
The variables used for the XGB Classifier trainings are:

• the top-related kinematic variables: pT, η, cos θhel
1, cos θpol

2, Y, m and MT;
• the missing transverse energy;
• the reconstructed W boson transverse mass defined in Sec. 3.2.4;
• the jet score;
• the jet value of the CMVA b-tagging algorithm.

Since the reconstructed top quarks are associated to the jets, they are ordered from the best
(associated to the highest score jet) to the 3rd best (associated with the lowest score jet). All
the variables used to train the XGB Classifier and their respective importance in the two
different trainings are listed in Tab. 5.3.

The distributions of the |η f orward| and XGB Classifier outputs in the in the signal regions
are shown in Fig. 5.2 and Fig. 5.3, respectively. The signal regions and the variables where
the fit procedure has been applied are summarized in Tab. 5.4.

1This is the cosine in the top rest frame of the angle between the lepton 3-momenta in the W boson rest frame
and the W boson 3-momenta

2The cosine of the angle between the lepton and W boson in the top rest frame
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variable importance in importance in
STdb discrimination (%) STbq discrimination (%)

mW
T 1.46 0.27

MET 3.6 1.34
ηlep 3.28 0.47
pTlep 1.75 3.82

η f orward 2.37 4.6
pT(best top) 3.07 1.61

cos θhel(best top) 2.83 3.44
cos θpol(best top) 2.39 2.96

Y(best top) 1.44 1.09
m(best top) 3.16 5.13

MT(best top) 4.68 2.96
pT(2nd best top) 1.78 3.53

cos θhel(2nd best top) 4.17 1.49
cos θpol(2nd best top) 3.17 5.24

η(2nd best top) 1.79 2.77
Y(2nd best top) 2.12 1.69
m(2nd best top) 3.98 3.33

MT(2nd best top) 4.5 2.78
pT(3rd best top) 3.04 2.66

cos θhel(3rd best top) 1.7 2.29
cos θpol(3rd best top) 4.33 3.66

η(3rd best top) 2.28 2.84
Y(3rd best top) 5.07 3.61
m(3rd best top) 1.91 2.62

MT(3rd best top) 3.46 3.09
jet best CMVA 3.33 19.94
jet best score 3.48 4.6

jet 2nd best CMVA 10.19 0.69
jet 2nd best score 3.31 3.56

jet 3rd best CMVA 3.45 0.58
jet 3rd best score 2.88 1.30

Table 5.3: List of the input variables for the XGB Classifier trained for the STdb vs the STbb channel
and for the STbq vs the STbb channel, with their respective importances.
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5.2. SIGNAL REGION AND FIT VARIABLES

Variable Region Requirements

|η f orward| 2j1t STbb enriched
mt

W > 50 GeV/c2

jet score > 0.5
|η f orward| > 2

XGB Classifier output vs STdb 3j1t STdb enriched

mt
W > 50 GeV/c2

jet score > 0.5
|η f orward| > 2.5

jet best b-tagged

XGB Classifier output vs STbq 3j1t STbq enriched

mt
W > 50 GeV/c2

jet score > 0.5
|η f orward| > 2.5

jet best not b-tagged
jet 2nd best b-tagged

Table 5.4: Signal regions and requirements on the variables.

2
4
6
8

10
12
14
16
18

310×

E
ve

nt
s 

/ b
in Data  1000)×(,bVdST

 1000)×(b,qST tt
tW W + Jets
Z + Jets VV
QCD t, s-ch

b,bST Stat. Unc.

  (13 TeV)-135.9 fb

CMS
Preliminary

+2j1tµ

2 2.2 2.4 2.6 2.8 3 3.2 3.4 3.6 3.8 4
forward

η
0.8
0.9

1
1.1
1.2

D
at

a 
/ B

kg

Figure 5.2: Distribution of |η f orward| , i.e. the η of the most forward jet, in 2j1t STbb enriched region.
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Figure 5.3: Distributions of XGB Classifier output vs STbq in 3j1t STbq enriched region (upper panel)
and XGB Classifier output vs STdb in 3j1t STdb enriched region (lower panel)
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5.3. Fit procedure

The CKM matrix elements are extracted from the measurement of the production cross sec-
tions and branching fractions of single-top-quark t-channel processes, drawing contributions
from |Vtb|, |Vts|, and |Vtd| in production and decay and the |Vts|2/|Vtd|2 ratio deviations
from the one used in the analysis. The fit procedure is divided into two steps. In the first
step, a maximum likelihood (ML) fit to the mW

T distribution is performed separately for the
2j1t and 3j1t regions in order to extract the QCD multijet contribution, as explained in Sec.
3.4. The QCD multijet normalization and the relative uncertainty are extrapolated to the
QCD multijet-depleted regions and used as an input to the next part of the fit procedure. In
the second step, a ML fit is performed simultaneously in the three regions listed in Tab. 5.4,
in order to discriminate between STbb and (STdb +STbq). The extended likelihood function
can be written as the superposition of signal and background components, weighted by the
expected signal and background fractions, respectively:

Ls+b(~x1, . . . ,~xN ; µ,~θ) =
e−λ

N!

N

∏
i=1

(µs fs(~xi;~θ) + b fb(~xi;~θ)),

where λ = µs(~θ) + b(~θ), s and b are the expected signal and background yields from
theory, fs and fb are the probability distribution functions (p.d.f.) for the signal and for the
background, respectively, ~xi is the ith variable set, and N is the total number of measurements.
The parameter µ is called the signal strength. As will be explained in Sec. 5.4, the systematic
uncertainties are introduced as nuisance parameters. In this notation they are taken into
account in the parameters set ~θ.

Figure 5.4: Distribution of XGB Classifier output vs STbq after the ML fit. The red and lines represent
the background and signal contributions, respectively, whereas the blu line is the global
fit.
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Parameters of interest They are the signal strength parameters of the processes of interest:
µb, that refers to the STbb process, and µsd, that is the signal strength for the (STdb +STbq)
processes. Since there are two signal strength parameters, it is possible to separate the STbb

and (STdb +STbq) contributions in the likelihood function, thus obtaining:

Ls+b(~x1, ..,~xN ; µsd, µb,~θ) =
e−λ

N!

N

∏
i=1

(µsdssd fssd(~xi;~θ) + µbsb fsb(~xi;~θ) + b fb(~xi;~θ))
k

∏
j=1

πj(~θ),

(5.1)
where λ = µsdssd(~θ) + µbsb(~θ) + b(~θ) and πj(~θ) are penalty functions for the k nuisance
parameters to take into account their experimental constraints.

Nuisance parameters They are additional parameters in the likelihood function, and are
usually not the main focus of the measurement. In the notation adopted in Eq. 5.1, nuisance
parameters are the ~θ set. They are:

• QCD-multijet contribution, with a prior uncertainty and central value taken from the
QCD fit in the first step of the analysis;

• tt and W+jets normalization parameters are left free to float;
• profiled systematic uncertainties, described in Sec. 5.4 .

In order to determine the uncertainty on maximum likelihood estimate, a scan of the neg-

ative log likelihood, −2 lnL is performed around its minimum value Lmax = L(~̂x; µ̂sd, µ̂b,~̂θ),

where the (µ̂sd, µ̂b,~̂θ) parameters allow the likelihood to reach the maximum value. An
interval corresponding to an increase of −2 lnL by one unit with respect to the likelihood
maximum value can be determined. The signal strength, µ, is a multiplying factor for the
amount of signal, s, in the likelihood [68]. The negative log likelihood dependence on the
signal strength, µsd is shown in Fig. 5.5. The fit result in the 3j1t region of the XGB Classifier
trained with the STbq sample can be found in Fig. 5.4.

5.4. Systematic uncertainties

Systematic uncertainties are not directly due to the statistics of the data sample. The sources
of a systematic uncertainty in HEP are related to:

• the detector simulation, as calibrations (jet energy scale), efficiencies, particle ID,
reconstruction (electron or muon detection), resolutions (jet energy, muon momentum);

• theoretical uncertainties, as factorization or normalization scale of MC generators, the
choice of MC generator itself;

• statistical uncertainties due to the limited number of simulated events.

Systematic uncertainties are treated with the profiling approach, that takes them into account
as nuisance parameters, considering all the templates corresponding to the variations of
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each systematic scenario, and performing an interpolation between them in order to define
a smooth dependence of the likelihood function from each parameter. Several sources of
systematic uncertainties have been considered as profiled uncertainties in the fit of the XGB
Classifier output distributions and of the |η f orward| in the control region. These include
the uncertainty sources related to the modeling of the signal process, and jet energy scale
uncertainties, which play a major role for events featuring hadronic activity in the high-
pseudorapidity region of the detector. The different uncertainty sources that are considered
in the analysis are:

• limited size of simulated event samples: the statistical uncertainty due to the limited
size of the simulated event samples is evaluated for each bin and each process with the
Barlow-Beeston "light" method [73, 74];

• lepton trigger and reconstruction efficiencies, estimated with a "tag-and-probe" method
from Drell-Yan events with the dilepton invariant in the Z boson mass peak;

• the uncertainty in the average expected number of pileup interactions is propagated
as a source of systematic uncertainty in this measurement by varying the total proton-
proton inelastic cross section by ±4.6%.

• the QCD multijet background normalization is introduced as a nuisance parameter
of initial value the result of the mT

W fit performed in the previous section;
• tt normalization and uncertainties in the two regions: those uncertainties cover po-

tential mismodelling of this process;
• W+jets normalization: a separate uncertainty is dedicated to the fraction of W+jets

events that covers potential mismodelling of those processes;
• renormalization and factorization scale uncertainties: those uncertainties are consid-

ered for the signal process, tW, tt, and W + jets. The effect is estimated for each process
separately;

• uncertainties on the b-tagging and mistagging efficiency measurements are split into
two different components;

• jet energy scale (JES): All reconstructed jet four-momenta in simulated events are
simultaneously varied according to the η and pT dependent uncertainties in the JES
[75]. This variation in jet four-momenta is also propagated to the missing transverse
energy;

• |Vts|2/|Vtd|2 ratio separation: it is introduced with a gaussian penalty function πsd

with standard deviation σRsd = 0.5 that allows to quantify the measured |Vts|2/|Vtd|2
ratio with respect to the value used for the simulations;

• luminosity: the integrated luminosity is known with a relative uncertainty of σlumi =

2.7% [76].
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Figure 5.5: Negative log likelihood as a function of the signal strength, µsd parameter.

5.5. Fit results and interpretation

The fit has been performed by considering the (STbq + STdb) contributions and by introducing
a gaussian parameter that quantifies the difference in terms of standard deviations of the
|Vts|2/|Vtd|2 ratio with respect to the one used to do the fit. The fit results are then converted
in terms of multiplying factors for the |Vts| and |Vtd| matrix elements.

The contributions of each CKM matrix element come from two different signal strength
parameters: µb, that refers to the STbb process, and the second one, µsd , refers to and
(STbq + STdb) processes. In the SM, top quarks only decay to W bosons associated with b, s,
or d quarks, and their branching fractions are proportional to the respective matrix element.

By neglecting terms proportional to |Vtd|4 and |Vts|4, the signal strength parameters can
be written:

µb =
σobs

t−ch,bB(t → Wb)obs

σt−ch,bB(t → Wb)
,

µq =
σobs

t−ch,qB(t → Wb)obs + σobs
t−ch,bB(t → Wq)obs

σt−ch,qB(t → Wb) + σt−ch,bB(t → Wq)
,

where q stands for s or d. In the signal strength µq both production and decay in s or d
quarks are considered; it is possible to re-write the following quantities in terms of |Vtb|,
|Vts| and |Vtd|:
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µb =
|Vtb|4obs

(
Γb/Γtop

)obs

|Vtb|4
(
Γb/Γtop

) ,

µq =
|Vtb|2obs(|Vts|2obs + |Vtd|2obs)

(
Γq/Γtop

)obs

|Vtb|2(|Vts|2 + |Vtd|2)
(
Γq/Γtop

) .

In addition, it is possible to write those quantities in function of the |Vts|2/|Vtd|2 ratio:

µb =
|Vtb|4obs

(
Γb/Γtop

)obs

|Vtb|4
(
Γb/Γtop

) ,

µq =
|Vtb|2obs|Vtd|2obs(1 + Robs

sd )
(
Γq/Γtop

)obs

|Vtb|2|Vtd|2(1 + Rsd)
(
Γq/Γtop

) .

where Rsd = |Vts|2/|Vtd|2.
The fit has been performed introducing a gaussian parameter that quantifies the smearing of
Rsd from the nominal value, in terms of standard deviations. The results of the unconstrained
fit, in the SM scenario, are:

|Vtb|4 = 1.13 ± 0.05 ,

|Vtb| = 1.031 ± 0.013 ,

|Vtd|2 + |Vts|2 = 0.20 ± 0.12 ,

1
σRsd

(
1

1 + Robs
sd

− 1
1 + Rsd

)
= 0.04 ± 0.99 .

All the results are compatible within two standard deviations with the SM predictions.
The above results do not consider the ratio Γq/Γtop being different from the one observed.
Moreover, these results do not include the unitary constraint on |Vtb|, |Vts| or |Vtd|.

Upper limit on |Vtd|2 + |Vts|2

Since the value obtained for |Vtd|2 + |Vts|2 is near to the physical limit, an upper limit on their
squared sum has been put. The test statistic adopted to compute this limit is the modified
profile likelihood, defined as follows:

q̃µ =


−2 ln

L(~x; µ,
ˆ̂~θ(µ))

L(~x; 0,~̂θ)
µ̂ < 0,

−2 ln
L(~x; µ,

ˆ̂~θ(µ))

L(~x; µ,~̂θ)
µ̂ ≥ 0.
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The reason this test statistic is chosen is that q̃µ accounts for nuisance parameters: the
~θ parameters set is treated as nuisance parameters, whereas the signal strength µ is the
parameter of interest. Additionally, since it is a likelihood ratio based test statistic, for
the Neyman-Pearson lemma [69], it achieves optimal performances with respect to the
numerator-vs-denominator hypotheses separation. In this case, the µ null value is replaced
with 0 in the denominator of the profile likelihood if the observed signal strength µ̂ is
negative, to avoid an un-physical values of it.

This test statistic is used to compute the p-values in the different hypotheses on µ. To
do it, larges Monte Carlo pseudo-samples are generated. Nevertheless, since this approach
requires high computation power, asymptotic approximations are performed [77]. The upper
limit is computed with the CLs method, where confidence level is defined as follows:

CLs(µ) =
ps+b(µ)

1 − pb(µ)
,

where:

ps+b(µ) = Ps+b(t(µ) ≥ tµ̂) ,

pb(µ) = Pb(t(µ) ≤ tµ̂) .

In this notation, ps+b and pb are the two p-values corresponding to both the signal+back-
ground (s + b) hypothesis and the only background (b) one, Ps+b(t(µ) ≥ tµ̂) is the probability
that the test statistic tµ is greater or equal to the observed value of test statistic tµ̂ in the
signal+background hypothesis, and Pb(t(µ) ≤ tµ̂) is the probability that the test statistic tµ

is less or equal to the observed value of test statistic tµ̂ in the only background hypothesis.
This means to compute the ratio of the right integral of the test statistic, that represents the
probability to get a greater value than the one obtained, in the signal+background hypothesis,
and the left integral of the test statistic,that represents the probability to get a lower value
than the one obtained in the only background hypothesis. The upper limit obtained with
this method is:

|Vtd|2 + |Vts|2 < 0.41 at 84% C.L.
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Conclusions

In this thesis a direct measurement of the Cabibbo-Kobayashi-Maskawa matrix elements
|Vtb|, |Vts| and |Vtd| with single-top t-channel events is presented. The t-channel is the
dominant electroweak production mechanism for single top quarks and it contains a tWq
vertex, where q stands for a b, s or d quark, both in production and in decay. The cross
sections and branching fractions of these processes are therefore sensitive to the strength of
the electroweak coupling, making them suitable channels for direct measurements of the
magnitude of CKM matrix elements |Vtb|, |Vts| and |Vtd|.

Events in proton-proton collision data with a centre-of-mass energy of
√

s = 13 TeV,
collected with the CMS experiment at the LHC, have been used for this analysis. The subset
of analyzed data corresponds to an integrated luminosity of 35.92 fb−1 and contains one
isolated muon and two or three jets, one of which has to pass the b-tagging requirement. The
events of both the simulated samples and the data are divided in two different categories
based on the final state jets multiplicity: two or three jets, one of which has to be identified
as coming from a b-quark.

The signal is composed by three different single-top t-channel production processes: the
ones that have a coupling to a b quark both in decay and in production, and the processes
with a b quark either in decay or production, while the other quark is a d or s quark. Events
with d or s quark both in production and in decay are highly suppressed because of the
magnitude of |Vtd| and |Vts|, therefore they are not considered in this analysis. The main
background processes that can mimic the final state configuration of signal events are the
tt pair production, and the W/Z + jets events. Both background and signal samples are
simulated with the state-of the art simulation softwares. QCD multijet events are estimated
from data with a data-driven procedure.

The analysis has been divided in two main parts. In the first part, jets have been ordered
according to a certain score that is assigned to each jet, that represents the probability to be
originated from a top-quark decay. Different ways to define it have been studied and the
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method that achieves the best performances has been chosen. This approach is based on a
machine learning algorithm, the XGB Classifier: the output of the XGB Classifier is taken as
the jet score. This is used both to individuate the jets coming from top and to order jets in
the event. A reweighing in a signal depleted region has been performed in order to account
for differences in data and Monte Carlo samples in the score due to variables correlations
that are difficult to accurately reproduce and modify the output of the classifier. This is first
time a top-tagging approach based on a multi-variate classifier is chosen to select the events.

In the second part of the analysis, three regions characterized by different final state
topologies and requirements on the jet variables have been identified, in order to get a better
discrimination between the signals and the backgrounds; each region is optimized for a
particular signal. Several requirements are applied in order to define those regions, selecting
a QCD-depleted sample and events that contain at least one top-quark according to the jet
score. For the first time, a multivariate analysis with a machine learning algorithm, the XGB
Classifier, is performed in order to recognize the most abundant single-top-quark events,
with a b-quark both in production and in decay, from the rarest signals that have a s or d
quark either in production or in decay. The output of the XGB Classifier is evaluated in two
out of the three regions, in order to fully exploit the most important kinematic variables,
and it is adopted as fit variable. In the region where the XGB Classifier output has not been
performed, the |η f orward| variable is chosen for the fit. A simultaneous maximum likelihood
fit is performed, in order to extract |Vtb|4, |Vts|2+|Vtd|2 and the ratio Rsd =|Vts|2/|Vtd|2.

The results obtained are:

|Vtb|4 = 1.13 ± 0.05 ,

|Vtb| = 1.031 ± 0.013 ,

|Vtd|2 + |Vts|2 = 0.20 ± 0.12 ,
1

1 − Robs
sd

− 1
1 − Rsd

= 0.04 ± 0.99 .

Since the sum |Vtd|2 + |Vts|2 is found to be near to the physical limit (it is compatible with
zero within two sigma), an upper limit computed with the CLs method has been set:

|Vtd|2 + |Vts|2 < 0.41 at 84% C.L.

There is no significant tension from with the existing measurements.
This measurement could be improved by including the full Run 2 data collected by CMS,

both with an isolated muon and with an isolated electron in the final state, and by adding
all the systematic uncertainties. Moreover, with the inclusion of the samples wth 3 jets,
2 of which are b-tagged, in the final state, a better discrimination of the events that have
a b quark both in production and in decay can be achieved. The differences between the
kinematic features of the events where the top quark is produced by a valence d quark (and
has a b quark in its decay), and the ones of the events with a b quark both in production
and in decay, can be further exploited in the 2j1t configuration to optimize their separation.
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5.5. FIT RESULTS AND INTERPRETATION

Finally, another improvement could be inclusion in the fit of direct constraints among the
different CKM matrix elements |Vtb|, |Vts| and |Vtd| to allow for a wider variety of possible
hypotheses to be tested.
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Figure A.1: Likelihood ratio distribution for the signal and the background events (left panels) and
corresponding ROC curves by varying the cut (right panels) for the STqb data sample, in
3j1t and 2j1t configurations.

98



0 1 2 3
)

jet-lep
, m

jet-lep
 Rδ(λ

0

0.1

0.2

0.3

0.4

N
or

m
al

iz
ed

 e
ve

nt
s 

/ 0
.1

0

3j1t TT

signal

background

0 0.2 0.4 0.6 0.8 1
False positive rate

0

0.2

0.4

0.6

0.8

1

T
ru

e 
po

si
tiv

e 
ra

te

3j1t TT

(a) 3j1t configuration

0 1 2 3
)

jet-lep
, m

jet-lep
 Rδ(λ

0

0.05

0.1

0.15

0.2

N
or

m
al

iz
ed

 e
ve

nt
s 

/ 0
.1

0

2j1t TT

signal

background

0 0.2 0.4 0.6 0.8 1
False positive rate

0

0.2

0.4

0.6

0.8

1

T
ru

e 
po

si
tiv

e 
ra

te

2j1t TT

(b) 2j1t configuration

Figure A.2: Likelihood ratio distribution for the signal and the background events (left panels) and
corresponding ROC curves by varying the cut (right panels) for the tt data sample, in
3j1t and 2j1t configurations.
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Figure A.3: XGB Classifier output distribution for the signal and the background events (left panels)
and corresponding ROC curves (right panels) for the STqb data sample, in 3j1t and 2j1t
configurations.
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Figure A.4: NN output distribution for the signal and the background events (left panels) and
corresponding ROC curves (right panels) for the STqb data sample, in 3j1t and 2j1t
configurations.
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Figure A.5: XGB Classifier output distribution for the signal and the background events (left panels)
and corresponding ROC curves (right panels) for the STqb data sample, in 3j1t and 2j1t
configurations.
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Figure A.6: NN output distribution for the signal and the background events (left panels) and corre-
sponding ROC curves (right panels) for the tt data sample, in 3j1t and 2j1t configurations.
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